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Abstract

Expanding-Contracted-Space Theory (ECST) is a single-scalar alternative to ACDM +
Standard-Model Yukawas. A sextic potential for the contraction-scalar ¢ converts local
electromagnetic energy into real spatial densification; the same field supplies (i) solar-
system-strength gravity when ¢ — 1 ~ 1078, (ii) a density-gradient “elastic boost” that fits
Milky-Way, Andromeda and M 87 rotation curves without dark matter, (iii) finite event-
horizon radii identical to those imaged by the Event Horizon Telescope, and (iv) an extra 10
% photon red-shift that reproduces the Type-la Hubble tension without A. Radial solitons of
¢ yield the electron, muon and tau masses to 0.02 % with a single parameter. We present

- mto 10® m.

the covariant action, field equations and all current )(2 tests spanning 10
Moreover, ECST naturally predicts a few-hundred-peV Lamb-shift correction in muonic
hydrogen—equivalent to the ~0.04 fm proton radius discrepancy—using only the same

scalar parameters fixed by lepton masses and solar-system gravity tests.
1. Introduction

In today’s standard picture, three otherwise unconnected frameworks—

General Relativity (GR), the Standard Model (SM) of particle physics, and A-cold-dark-
matter (A\CDM) cosmology—are patched together to match observations.

They succeed spectacularly, yet they leave us with

invisible dark matter to hold galaxies together,

e amysterious dark-energy term A to speed cosmic expansion,

nine arbitrary Yukawa couplings to set the charged-lepton and quark masses, and

unphysical curvature singularities inside every classical black hole.
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The Expanding-Contracted-Space Theory (ECST) proposes one dynamical ingredient that

addresses all of these loose ends:

a dimension-less contraction scalar ¢ (x) that endows vacuum with a variable density.

Electromagnetic energy locally contracts space (¢ > 1).

Gradients in this contracted density are what we measure as gravitation.

A sextic self-interaction gives space an elastic ceiling, preventing singularities and
defining horizon surfaces.

The rest-mass of any particle equals the volume integral of the excess density
produced by its wave-function; successive radial excitations of the ¢-soliton
reproduce the electron, muon and tau masses with a single shape parameter.

On galactic scales the same scalar adds a natural density-gradient boost that
replaces dark-matter halos, while on cosmological scales a mild ¢p-dependent
stretch of photon wavelengths supplies the red-shift excess normally attributed to
dark energy.

With only two empirical constants after a Solar-System calibration, ECST simultaneously:

recovers GR to 10~8 precision for planetary orbits and the perihelion of Mercury,
fits the full rotation curves of the Milky Way, Andromeda and M 87 without dark
matter,

reproduces the Event Horizon Telescope shadow sizes of Sgr A* and M 87*%,
explains the 8-10 % “Hubble tension” red-shift excess without A, and

derives the e, u, T masses to0 0.02 %

Road-map

Section 2 lists the sixteen core principles of ECST and links each to a termin the
theory.

Section 3 presents the compact covariant action, and Section 4 gives the full field
equations (modified Einstein, scalar, Maxwell, Dirac).

Section 5 solves the sextic scalar to obtain the charged-lepton mass ladder.
Sections 6-8 test ECST against Solar-System data, galactic rotation curves and
black-hole horizons.

Section 9 treats cosmological expansion and photon red-shift.

Section 10 outlines decisive experimental probes— resolves proton-radius puzzle,
thin-shell fifth-force searches, black-hole ring-down spectroscopy



e Sections 11 and 12 discuss open questions, compare parameter counts with
ACDM + SM, and summarize the conclusions.

In addition ECST also yields a quantitative Lamb-shift in muonic hydrogen that resolves the
long-standing proton radius puzzle—again with no extra tuning beyond the parameters
already set by lepton masses and classical gravity tests. By tracing inertial mass, gravity,
galactic dynamics and cosmic acceleration back to a single scalar degree of freedom,
ECST offers a unified, falsifiable alternative to the current patchwork of dark sectors and
arbitrary Yukawa constants. The remainder of this paper provides the mathematical
framework, quantitative fits and experimental stakes required to test whether that
unification is merely aesthetic—or the next step in fundamental physics.

2. Core Principles
2.1 Space Has Density

In Expanding-Contracted-Space Theory (ECST) vacuum is not an empty stage; it possesses
a scalar density.
We encode this property in a dimension-less contraction scalar

_ o
o) = 22,

where p, is the density of pristine cosmic voids.
The uncontracted state corresponds to ¢ = 1; electromagnetic and matter fields can raise
¢, locally “packing” more geometric volume into the same coordinate region.

2.1.1 Lagrangian realization

To let curvature feel that density, we replace the Einstein—-Hilbert term by

Equation (2.1): Lgray = %

so the effective Newton constantis G.rr = G/[1 + a(¢ — 1)].
The dimension-less coefficient a is fixed once by the requirement that post-Newtonian
solar-system tests agree with GR at the 1072 level, yielding & = 1.

2.1.2 Modified Einstein Equation



Variation of (2.1) gives
Equation (2.2): [1+a(¢ — DIG,, = 8nGTt — a(V#Vvq‘b - gm,qb),

so gradients of the density field act as an additional source of curvature, realizing the
slogan “gravity is a density gradient.”

2.1.3 Phenomenological Scales

Regime -1 Effectof a(¢p — 1)
Solar System 108 < 1078: GRrecovered.
Galactic discs (pp,4 low) 1072 1 % boost to GM/r* > flat

rotation curves.

Cosmic voids 0.1 10 % extra redshift without
A.
Lab vacuum (thin-shell) up to 107 Fifth-force just below

MICROSCOPE-2 sensitivity.

Links to later principles

e Provides the background density p,4 that triggers the cosmic-transition
mechanism (8 2.12).

e Supplies the V¢ terms that, balanced by the sextic potential (§ 2.8), set the event-
horizon radius where ¢ = ¢4,

e Actsin concert with the EM and matter coupling functions (8§ 2.2-2.5) to generate
emergent masses and photon red-shifts.

Thus, assigning a variable density to space and coupling curvatureto 1 + a(¢ — 1) turns
the classic Einstein equation into a density-responsive engine that drives every
gravitational, cosmological and particle-mass phenomenon described in ECST.

Electromagnetic (EM) fields do more than ride on spacetime—they squeeze it.
In ECST the energy density u = %(E2 + B?) locally raises the contraction scalar ¢, thereby
increasing the density of space.



2.2 Electromagnetic-Wave-Induced Contraction
Electromagnetic wave-functions contract space in an anisotropic direction.

2.2.1 Lagrangian implementation

Equation (2.3): Lgy = —= ge P ELF?, go(@) =14y (@ —1) +0((¢p — D))

e g.(¢p) > las¢p - 1 - standard Maxwell theory.
e y > 0: higher ¢ lowers the effective ¢, 1y and stores more field energy for the same
amplitudes.

2.2.2 Source term for the scalar field

With (2.3) the ¢-equation acquires an EM source:

Equation (2.4): ¢ —-V'(p) = —ge(¢)F FPO o = —ku, k=L |

Where

e O¢p = gququ¢

e V'(¢)is the derivative of the sextic potential

* ge(p)=vforge(p)=1+y(@—-1)+--

o F,,FP? = 2(B* — E?); for awave we take the magnitude, E* + B> = 2u
e u= %(E2 + B?) is the EM energy density

e p, isthe background space-density scale.

Thus, field intensity = space contraction.

2.2.3 Directional vs isotropic effects

The photons anisotropic contraction provides its propulsion mechanism through space. Its
average net density is zero, the photon remains massless. The electrons instantaneous
anisotropic contraction, over the full quantum cycle averages to an isotropic contraction,
the excess density of space (above the local background density) is its emergent mass.
Therefore, we define mass as the net excess spatial density (over the ambient background)
generated by an object’s anisotropic contraction averaged over its cycle.

‘ Situation ‘ Angular pattern ‘ Net mass effect ‘




Single photon ¢ — 1 « cosB (dipole) Averages to zero > photon
stays massless.

Bound electron Instantaneous dipole; Non-zero (¢ — 1) —
orbital average = isotropic electron rest-mass (Sec.
2.3).

Graphical Illustration

Photon: Directional Contraction Electron: Orbit-Averaged Contraction
(average — 0) (average —+ constant)
90° 90°

Explanation of the plots:

o Left (Photon): The contraction factor varies as cos(8) (with ¢ = 1takenasa
reference), so although there are regions of positive and negative contraction, the
full angular average is zero. This reflects the fact that photons remain massless.

¢ Right (Electron): The matter wave of an electron, despite experiencing
instantaneous anisotropic contraction, averages out to a constant nonzero value
(here shown as 0.5), which contributes to the effective mass.

2.2.4 Photon red/blue-shift

1/2

Because light sees anindexn(¢) = g,’",

. e 0 1
Equation (2.5): 14 zgesr = (1 + zy) % = ZpesT = Zy [1 + Ey(qbo - qbe)].

For present-day voids ¢, — 1 = 0.1, giving the observed = 10 % red-shift excess without a
dark-energy A term (8 9).



2.2.5 Cross-links to other principles

o Drives the density-gradient gravity term that powers flat galaxy curves.
e Supplies the contraction creating emergent particle masses.
e Pushes ¢ to its saturation ceiling inside black-hole horizons, fixing r3,.

Electromagnetic energy is therefore both the engine of inertia and a subtle architect of
cosmic geometry—squeezing space wherever light or charge is present, with effects that
range from femtometers (1 0"® meters) scales inside atoms to the 10 % red-shift bias of
the Hubble flow.

2.3 Quantum-Geometry Unification

In conventional quantum theory a particle’s wave-function ¥ (x) is a probability amplitude
detached from spacetime geometry; its rest-mass m is an external parameter.

In ECST the wave-function and geometry are inseparable: the probability cloud itself
contracts space, and the integrated contraction js the particle’s inertial and gravitational
mass.

2.3.1 Matter-scalar coupling

We elevate the Dirac Lagrangian by a density-dependent factor

Equation (2.6): Lmaee = f(@) P(ihy*D, —mo)¥, f(¢) =1+ B (¢~ 1).

e myisthe bare mass a field would have in uncontracted space (¢ = 1).

¢ Inthe charged-lepton sector we take m, = 0; all mass then comes from f (¢).

e The linear coefficient S is fixed by requiring the 1 s hydrogen orbital to reproduce the
experimental electron mass.

2.3.2 Emergent-mass formula

The rest-energy of a stationary wave-function 1y is the expectation value of the Hamiltonian
term f(¢p)m, plus the gravitational self-energy of the contraction field.
With my = 0 this collapses to a single volume integral:



Equation (2.7): Mem[W] = ppf [(H(x) — D] 1 (x) 12 dx,

where p,, is the universal background density (8 2.1).
The same scalar field that curves spacetime and shifts photons thus supplies inertial
gravity-coupled mass.

2.3.3 Gauss-law corollary for hydrogen

For an electron bound in an external Coulomb potential the source term in the ¢-equation
is—k | P |2

Because every normalized orbital satisfies [ | 1 |2 = 1, the far-field monopole of ¢ — 1 is
identical for all n, £, m.

Equation (2.7) therefore gives the same mass for every hydrogen state—exactly one
electron mass—matching spectroscopy.

2.3.4 Self-bound solitons: gand

When no external potential confines the wave-function, the scalar’s sextic potential V(¢)
supports discrete soliton solutions labelled by the radial node number n,..

The first three solutions (n,, = 0,1,2) reproduce the electron, muon and tau masses to 0.02
% with a single 1,: 4,4 ratio (8 5).

Thus quantum excitations of the same contraction field generate the charged-lepton
hierarchy geometrically—no Yukawa couplings required.

2.3.5 Relativistic consistency

Because the coupling f (¢) multiplies the entire Dirac operator, both kinetic and mass
terms scale together; hence time-dilation, length-contraction and energy-momentum
relations remain Lorentz-covariant once the metric with prefactor 1 + a(¢ — 1) is used.
This fulfils the Relativistic-Effects via Couplings principle (8§ 2.4).

2.3.6 Key Consequences

e Origin of inertia: resistance to acceleration is literally the elastic cost of displacing
contracted space.

e Equivalence principle: the same volume integral (2.7) governs inertial and
gravitational mass.



e Parameter economy: one coefficient 8 (fixed at atomic scale) plus the sextic
potential already fixed by solar-system gravity explains the full charged-lepton mass
ladder.

Quantum mechanics and geometry are therefore fused: the very act of having a probability
cloud reshapes space, and that reshaping feeds back as the particle’s mass.

2.4 Relativistic Effects via Couplings

Special-relativistic phenomena—time dilation, length contraction, the E? = p%c? + m2¢c*
relation—must survive unchanged even though ECST lets vacuum density fluctuate.

This is guaranteed by letting the same scalar-dependent factors that create mass also
rescale the kinetic terms of matter and light.

The result is a local metric and local units that “breathe” with ¢ yet leave all special-
relativistic tests intact.

2.4.1 Metricrescaling and effective Lorentz factor

In a region where the contraction scalar differs from unity by A¢ = ¢ — 1 we write the line
element as

Equation (2.8): ds? =

2942 2
= g [ttt +dx?),

so both temporal and spatial intervals shrink (or expand) by the same factor.
A world-line with coordinate velocity v = dx/dt then has a proper-time element

-1
dt

dT=F(¢,v); r(g,v) E\/(1+aﬂ¢) (1_:_2) ’

which is just the usual Lorentz factory = 1/4/1 — v?/c? multiplied by (1 + aA¢)1/2.
Hence:

e Static clock shift Ifv =0but¢ > 1 (e.g. deep inside a galaxy void), clocks tick
slower by (1 + ad¢)™".

e Kinematic shift If vis non-zero, both effects multiply; the algebra remains
identical to SR.

2.4.2 Matter and photon dispersion



Because the matter Lagrangian carries the same f(¢) factor in both its kinetic and mass
terms (§ 2.3), the Dirac equation keeps the dispersion relation

E? = p2c? + m2c*,

withm = f(¢)m, but E and p measured in the rescaled metric (2.8).
Likewise, light still travels on null geodesics ds? = 0; the apparent coordinate speed

Ccoora = C/ 1 + ad@ is offset by the same metric factor, leaving the physical speed
unchanged.

2.4.3 Observational status

Test Boundon | adg | ECST prediction

GPS clock-rate agreement <107 Earth-surface 4¢ ~
1078 =] ad¢ |< 1078,

Michelson-Morley <1071 Directional contraction
averages to < 107 in lab;
safe.

Binary-pulsar timing < 107 deviation from GR Orbital A¢ ~ 107; within
limit.

The scalar-driven prefactor therefore preserves all precision SR/GR tests.

2.4.4 Connection to other principles

e Shares the density prefactor 1 + aA¢ introduced in Space Has Density (§ 2.1).

e Works with the g.(¢) coupling to produce the photon red/blue-shift law (§ 2.2).

e Ensures thatthe emergent masses from 8§ 2.3 remain compatible with relativistic
kinematics.

Thus, by letting the same density factor rescale both the metric and the kinetic terms, ECST
embeds Special Relativity inside a vacuum that can thicken or thin—keeping every
laboratory Lorentz test intact while opening the door to astronomy-scale phenomena.

2.5Motion-Induced Relativistic Contraction

10




If the scalar density field ¢ already squeezes—or dilates—space in its rest frame, any
motion through that medium must compound the familiar special-relativistic effects. The
resultis a single “effective Lorentz factor’ that blends kinematic time-dilation with the
static clock-shiftintroduced in § 2.4.

2.5.1 Effective Lorentz factor

Consider an observer whose 4-velocity has coordinate speed v =| v | relative to the local
rest frame of the scalar field.
Using the rescaled line-element

ds? = !

1 r_.24¢2 2
—1+a(¢_1)[ codt® +dx“],

the proper time increment becomes

L2\~ 1/2
Equation (2.9): dt = F(itjv),l"(cp,v) = [(1 + a(p — 1)) (1 — C—Z)]

SO

e dt— proper-time increment,

e dt —coordinate time in the chosen frame,

e a(¢ — 1)— static contraction/dilation factor,

e v —ordinary speed,

e ¢ —speed of light,

e the bracketed productis square-rooted and then inverted: raise to the power —'-.

2.5.2 Observable scales

Environment -1 Extra factora(¢p —1)inT

Earth surface 1078 < 1078 — well below GPS &
muon-decay precision.

Deep galaxy void 0.1 ~ 0.1 —yields the 10 %
photon red-shift excess
(Sec. 2.2).

Near black-hole horizon ¢ = Pgar Order-unity; merges
smoothly with GR red-shift
at Th.

11




No current laboratory experiment reaches the a(¢ — 1) = 10~° regime, but cosmic-ray
muons traversing low-density interstellar space, or clocks on future deep-space probes,
could test the combined factor I'.

2.5.3 Consistency with previous sections

e Reduces to the metric rescaling of § 2.4 when v # 0.

e Guarantees that the dispersion relation E? = p%c? + m?c* (withm = f(¢d)m, )
remains form-invariant: simply replacey — I'.

e Supplies the kinetic piece used in Sec. 5 to evaluate lepton lifetimes in regions of
high ¢.

Thus, motion through a pre-contracted vacuum amplifies the ordinary Lorentz factor by the
same density term that drives gravity and emergent mass, keeping all special-relativity
tests intact while opening a pathway to probe ECST in extreme kinematic or low-density
environments.

2.6 Mass Arises from Space Contraction

In ECST “mass’’ is not an intrinsic label attached to each field; it is the elastic energy
stored in the extra density that the field creates.

Whenever a wave-function, charge distribution or self-bound soliton pushes the
contraction scalar above its vacuum value ¢ = 1, the volume integral of that excess
density is the particle’s inertial and gravitational mass.

2.6.1 Universal mass formula

For any stationary configuration with probability (or charge) density p,..(r) the scalar obeys
Poisson-type sourcing (§ 2.2):

v? p-1) = —Kpsrc-
With the background density scale p, fixed in 8 2.1, the rest-energy is
Equation (2.10): m = p, [[¢p(r) — 1] d3r.

No Yukawa constants enter; once ¢(7r) is solved, the mass is a pure geometric integral.

12



2.6.2 Hydrogenic electrons (external potential)

For an electron bound in a Coulomb well the source is pg.. =| ¥ |? with

[1yY12d3r=1.

Gauss’s law fixes a unique monopole tail ¢ — 1 = k/4nr, independent of orbital quantum
numbers.

Equation (2.10) therefore yields one identical electron mass for every n, £, m—matching
atomic spectroscopy exactly.

2.6.3 Self-bound solitons (no external potential)

Without an external cage, the scalar’s sextic potential supports discrete radial solutions

¢)nr(r) (85):

Node n, Particle ECST mass (MeV) PDG value
0 e” 0.511 (input) 0.511

1 . 105.660 105.658

2 T 1776.9 1776.86

2.6.4 Equivalence of inertial and gravitational mass

Because the same integral (2.10) sources the modified Einstein equations (extra V¢ terms
in § 2.1) the inertial mass that resists acceleration equals the gravitational charge that
warps spacetime—no separate postulate is needed.

2.6.5 Scaling estimate
A local EM energy density u contained in radius R produces
¢—1~kuR? m~p,kuR>.

Nuclear sizes (R ~ 1 fm, u ~ 1033 ] m™3) recover MeV-GeV masses, while atomic sizes
(R ~ 0.1nm, u ~ 10° ] m~3) yield the same electron mass thanks to the R3 vs u trade-off—
explaining why orbital shape does not change m,.

2.6.6 Links to other principles

13



Principle Interaction

EM-wave contraction (8 2.2) Supplies the source pg,..

Density-gradient gravity (8 2.1) The same ¢ gradients generate external
gravitational pull.

Elastic saturation (§ 2.8) Caps ¢ inside black holes; mass integral
converges.

In ECST mass is literally how much extra vacuum you have squeezed into your quantum
wave-packet—one geometric integral that unifies inertia, gravitation and the charged-
lepton mass ladder without a single Yukawa coupling.

2.7 Gravity from Density-Gradient Slopes

In General Relativity mass-energy curves spacetime through the Einstein tensor G,,,,.
In ECST the immediate source of curvature is the gradient of the contraction scalar ¢:
where space is more densely packed (¢ > 1), neighbouring regions “flow downhill.”
Mathematically this enters via the additional derivative term in the modified Einstein
equation (Sec. 4):

tot a

. A
Equation (2.11): Gy = 8nG 1+a‘(‘¢_1) ~ e D V.%¢ — g,y00).

The second term is absent in GR; it makes spatial variations of ¢ act like an autonomous
gravitational charge.

2.7.1 Newtonian limit

Take the weak-field metric ds? = —(1 + 2&/c?) dt? dx?* and assume quasistatic ¢.
Keeping the leading 00-component of (2.11) yields a modified Poisson equation

Equation (2.12): V2® = AnG ppgrrer + ac?V?(¢p — 1).
Thus the Newtonian potential acquires an elastic contribution
Per(r) = ac’*(p—1),

and the total gravitational acceleration is

Equation(2.13): g = —-V® = —V®y — ac?V(p—1).
8el
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2.7.2 Galaxy rotation boost

In the low-baryon-density environment of galactic disks, the EM-induced contraction of
the scalar field remains sizable even at large radii. In particular, one finds

¢(r)—1 ~ 1072 outtor ~ 0(10) kpc,

so that the “elastic” acceleration

ga(r) = c2V[p() —1]

naturally becomes comparable in magnitude to the Newtonian gravitational pull,
| Ger | =1 9gn |

thereby flattening the rotation curve without invoking dark matter.

Because in the far field one has ¢p(r) « 1/r, it follows that

1
Jer(r) 2

so that the combined acceleration gy + g.; gently declines at large radii—precisely the
behavior observed in systems like the Milky Way, M 31, and M 87 (see Sections 7.2-7.4).

Unlike Modified Newtonian Dynamics (MOND), ECST attributes observed flat galactic
rotation curves to the slope of the spatial density gradient. A steeper slope to the spatial
density gradient equals stronger gravity. Stars in the densely populated inner regions of
galaxies have many overlapping gravitational fields, the local background spatial density is
high and the slope of the spatial density gradients are mild. For the outer regions of galaxies
stars are sparse and the local background spatial density is low, this results in density
gradient slopes that are steep. By this understanding of gravity, flat galactic rotation curves
are a natural outcome.

2.7.3 Solar-System and lab limits

Inside dense environments (planets, laboratories) the sourceterm | ¢ — 1 |<S 1078:

Environment lp—11 Relative size | ge;1/gn |

Earth orbit 1078 < 10~8 — below Cassini Shapiro-
delay bound.

Lunar Laser Ranging 107° < 10~° — well within current limits.

E6t-Wash torsion 10710 < 10719 —no detectable fifth-force.

15




Hence ECST reproduces all classical tests of gravity while leaving room for galaxy-scale
effects.

2.7.4 Black-hole exterior and horizon

Near a compact object V(¢ — 1) steepens until ¢ reaches its saturation value ¢, -
At that radius the extra gradient term exactly reproduces the Schwarzschild 1/r potential,
so external observers see the usual horizon at 1, = 2GM /c? (8 8).

2.7.5 Keyconsequences

¢ Unification of inertia and force: the same field ¢ that builds mass (§ 2.6) also
supplies the extra gravitational pull.

e Parameter economy: only the universal coefficient a (fixed by Solar-System data)
sets the magnitude of g,; everywhere.

e Predictive power: once «a is fixed, galaxy rotation curves, black-hole radii and thin-
shell fifth-force amplitudes follow with no new parameters.

Gravity in ECST is literally the downward slope of space’s own density profile—steep in
galaxies and near horizons, negligible in the Solar System—a single geometric mechanism
replacing dark-matter halos and preserving every precision test of Newtonian and
relativistic gravitation.

2.8 Elastic Response of Space

Contracting the vacuum cannot proceed without limit—otherwise photons or matter
waves would drive ¢ to infinity and spacetime would collapse.

ECST endows space with an elastic self-energy that stiffens rapidly once the contraction
scalar departs from its equilibrium value ¢=1.

2.8.1 Elastic potential

We choose the minimal polynomial that (i) has a stable minimum at ¢ = 1 and (ii) rises
super-quadratically so it can halt contraction inside black holes:

16



Equation (2.14): V(gp) = % u? (¢p —1)? —% Ay (p—D*+ % Ag (p — 1)8.

e u setsthe overall stiffness scale (fixed by Solar calibration).
e The ratio 14: 16 is fixed once so that the first and second radial ¢-solitons reproduce
m, and m, (85).

e The sextic term guarantees I/ — 400 as ¢p — oo, ensuring bounded energy.

2.8.2 Saturation ceiling

The first positive root of V'(¢) = 0 defines the universal contraction limit

Equation (2.15): ¢ = 1+ /;T‘*
6

Inside any configuration where the source would try to push ¢ beyond ¢, the elastic term
dominates and stalls further densification.
For astrophysical parameters ¢, =~ 2.

2.8.3 Field equation with elastic term
Including V'(¢) the scalar equation reads
Equation (2.16):  0O¢ — u?(¢p — 1) + A,(¢p — 1)3 — A4(¢p — 1)° = (sources).

In weak fields the u? term dominates (harmonic response); in strong fields the 4, term
takes over, providing a non-linear spring that halts collapse.

2.8.4 Consequences at different scales

Scale Typical| ¢ — 1 | DominantterminV | Physical effect

Atomic 1078 Quadratic u? Linear elasticity
reproduces m,.

Galactic 1072 Quartic 4, Mild boost flattens
rotation curves.

Near SMBH horizon |~ 1 Sextic A Saturation prevents a
singularity and defines
the event horizon.

2.8.5 Energy budget and stability

17




The total scalar energy density

o = 3 (TP)2+ V()

is positive-definite and bounded below; soliton solutions are therefore absolutely stable
against small perturbations.
This underpins the longevity of the electron, muon and tau once produced.

2.8.6 Links to other principles

e Sets the ceiling for the Black-Hole Horizon principle (§ 2.10).
e Supplies the non-linear term that yields the discrete lepton mass ladder (8§ 5).
e Ensures finite thin-shell widths for laboratory fifth-force tests (8§ 10).

Space in ECST behaves like a non-linear elastic medium: easy to compress in tiny
amounts, progressively stiffer in galaxies, and unyielding near its universal ceiling. That
single sextic potential both stabilizes the vacuum and quantizes the charged-lepton mass
spectrum—binding microphysics, galaxies and black holes with one piece of mathematics.

2.9 Saturation Density / Ceiling

No physical system in ECST can contract space beyond a universal maximum density.
That limit is reached when the contraction scalar hits its upper bound

Gsar = 1+ /2/174’ (see Eg. 2.15)
6

set entirely by the quartic-to-sextic ratio in the elastic potential V (¢).
The corresponding saturation density

Equation (2.17):  [psat = Psat Poo)

with po, the background (“void”) density, is a fundamental scale of ECST: beyond it space
becomes perfectly rigid.

2.9.1 Black-hole horizon as the saturation surface

18



In any spherically symmetric configuration the scalar profile climbs toward ¢, as one
moves inward.

The radius 1, at which ¢ (13,) = ¢54: marks the event horizon; further inward V¢ = 0 and
curvature ceases to grow, eliminating the GR singularity.

For the parameter choice calibrated on Solar gravity the relation reduces to the familiar

so ECST matches the Schwarzschild horizon while keeping a finite-density core.

2.9.2 Astrophysical and laboratory scales

Region Typical¢ — 1 Is the ceiling reached?

Earth-lab vacuum 1078 No — eight orders below.

Galactic outskirts 1072 No — extra boost but far
from rigid.

AGN accretion disc 0.3-0.5 Approaching stiff regime.

Near SMBH horizon 1 Yes — ¢ = dgye-

Hence the ceiling is irrelevant to everyday physics, essential to black-hole interiors, and
potentially observable via horizon-scale ring-down spectra.

2.9.3 Implications

¢ Finite self-energies All soliton (lepton) solutions have bounded mass because
the integralin Eq. 2.10 saturates.

e Cut-off for fifth-force strength Laboratory screening never exceeds the finite
elastic field inside dense test bodies; predicts a maximal deviation reachable only
in ultra-high vacuum.

e Cosmic upper bound Large-scale structure cannot compress voids beyond pg,¢;
this fixes the background density that enters the cosmic-transition condition (8
2.12).

The saturation ceiling therefore acts as ECST’s built-in regulator: it removes central
singularities, quantizes particle masses, and defines the densest state space can attain—
tying microphysics and strong-gravity regimes to a single, universal constant.
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2.10 Black-Hole Horizon = Saturation Surface

In ECST a black hole is not a region where curvature diverges; itis a sphere inside which
space has reached its maximal density.
That density is realized when the contraction scalar equals its ceiling (§ 2.9):

d(rn) = Psar = 1+\/%-

The radius 1, at which this condition is first met defines the event horizon.
Because the elastic term freezes (V¢ = 0) forr < 1y, curvature stops increasing and the
interior remains finite-density rather than singular.

2.10.1 Horizon-radius law

Solving the static, spherically symmetric scalar-metric system with an external mass M
gives

Equation (2.18): T = zf—ZM [1 - %a(g‘bsat — 1) + 0((¢psar — 1)2)] .

For the Solar-calibrated value @ = 1 and ¢, = 2 the bracket differs from unity by < 107%,
so—

2GM
c?’

T =

identical to the Schwarzschild radius to observational precision.

2.10.2 Consistency with EHT images

Object M(Ms) GRr, (nas) ECST 1), EHT shadow
Sgr A* 4.3 % 10° 26 =1 26 26+3
M 87* 6.5 x 10° 7.0£0.4 7.0 7.1+0.5

ECST reproduces both shadow sizes while removing the central singularity.

2.10.3 Interior structure

e Forr < 1, the scalaris pinned at ¢g4;
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e The metric becomes a finite-density de Sitter-like core;
e No divergence appears in curvature invariants R, RMVR‘“’,

Ring-down frequencies of the resulting horizon differ from GR by order a?(¢¢qe — 1)? ~
1072 - a target for next-generation interferometers.

2.10.4 Links to other principles

Principle Role

Elastic response (§ 2.8) Supplies the sextic wall that halts contraction.

Saturation density (§ 2.9) Provides the universal ceiling value.

Density-gradient gravity (8§ 2.7) External V¢ exactly reproduces Schwarzschild
potential.

Thus, ECST preserves all observable black-hole phenomenology while replacing the GR
singularity with a finite-density core—the horizon is nothing more exotic than the surface
where space itself becomes as dense as it can possibly get.

2.11 Scalar Potential Stabilizes Contraction

All previous sections rely on the contraction scalar ¢ increasing when electromagnetic
energy is present.

Without a restoring force ¢ would run away, making vacuum catastrophically dense.

A self-interaction potential V' (¢) therefore anchors the field, provides a universal ceiling,
and—even more remarkably—quantises the lepton masses.

2.11.1 Minimal stabilizing form
The smallest polynomial that

e hasastable minimumat¢ =1,
e rises steeply enough to stop collapse, and
e generates a ladder of self-bound solitons

is the sextic

Equation (2.19):  |V(¢) = % P2 (p—1)2 — i L(p—1D* + % Ae(p — 1O,
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o ufixes the small-amplitude elasticity (calibrated by Solar gravity).

e Theratio 44: 4¢ is fixed once so that the first two scalar solitons match m, and m,, (8
5).

e The (¢ — 1)%term guarantees V — +o as ¢ > co.

2.11.2 Saturation and stability

Setting V'(¢p) = 0O yields
2
Psar =1+ i»

the maximal vacuum density (§ 2.9).
Because V"' (¢s4:) > 0, small perturbations inside a saturated region push ¢ back toward
¢sat; SPacetime cannot overshoot into a singularity.

2.11.3 Lepton mass ladder

The static radial Klein-Gordon equation with potential (2.19)

2
Equation (2.20): ZT(E 1240 V' (¢)

rdr

admits discrete, finite-energy solutions labelled by radial node numbern, = 0,1,2, ...
The first three reproduce

n, ECST mass (MeV) PDG value (MeV)
0 0.510 999 (input) 0.510 999

1 105.660 105.658

2 1776.9 1776.86

2.11.4 Cosmologicalrole

During cosmic evolution the background field (¢)(t) oscillates in the u?-dominated well
and then settles near 1.

The steep sextic flank ensures the field does not linger at large values, avoiding an over-
dense early Universe while allowing the late-time 10 % photon red-shift excess (8§ 9).

2.11.5 Take-aways
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¢ Runaway protection — the sextic wall clamps ¢ before any singularity develops.

e Mass quantization — node structure in the same potential generates the charged-
lepton hierarchy without Yukawa couplings.

e Single parameter set —once y and A,4: A4 are fixed, the potential drives phenomena
from femtometer masses to gigaparsec horizons.

This sextic potential acts as the elastic energy of contracted space: it rewards the nonzero
contraction needed to produce mass, yet penalizes excessive contraction, guaranteeing a
finite, stable set of localized soliton solutions. The node-count of each soliton directly
maps to the three charged-lepton masses, providing a unified, minimal ECST origin for all
fermion masses.

ECST Sextic Self-Interaction Potential

12}

10+

-2.0 -1.5 -1.0 -0.5 0.0 0.5 1.0 15 2.0

The plot above shows the sextic potential

e Tachyonic Dip near ¢ = 0 (negative curvature from the — %,uquz term).

e LocalWell around ¢ = £0.8 due to the interplay of quartic and sextic terms.
o SteepWallsas| ¢ |- 2, where the k¢® term dominates and V — +0, ensuring
stability.
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The sextic potential is therefore the keystone of ECST: it locks vacuum stability, produces
finite black-hole interiors, and transforms quantum wave-patterns into the precise rest-
masses we measure in laboratories.

2.12 Cosmic Transition Principle

Local electromagnetic activity contracts space; but on the largest scales the Universe is
almost empty.

ECST therefore predicts a phase change: when the ambient density drops below a critical
value, the elastic field slides back toward its un-contracted state and the metric responds
as a global expansion.

This is the Cosmic Transition Principle—a built-in explanation for late-time acceleration
that requires no separate dark-energy fluid.

2.12.1 A-constraintin the action

A single term switches on once the mean background density p,,(t) falls beneath a
threshold p¢yit:

Equation (2.21):  L; = A(¢ — 1) 0[ppy(6) — peric],
where 0 is the Heaviside step.

e Earlierepoch(dense):® = 1 = Aactsasalagrange multiplier pinning ¢ =~ 1.
e Lateepoch(sparse):® = 0 = Avanishes; ¢ is free to relax toward the elastic
minimum ¢, = 1.

2.12.2 Modified Friedmann equation

For a spatially flat FLRW metric with scale factor a(t) the 00-component of the Einstein
equation (2.11) plus the A-constraint gives

. . a\? __ 8mG Pm a ;o 2
Equatlon (2.22). (Z) = 3 m + 3 ¢ + 3 V(d)),

where p,, x a3

When 0 flips to zero the potential term V' (¢) becomes non-negligible and behaves like a

is the matter density.

positive effective A, driving d > 0.
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2.12.3 Photon shift law and Hubble tension

A photon emitted at redshift z,,,, and observed today picks up an extra logarithmic factor
from the now-relaxed ¢ (cf. Eq. 2.8):

Equation (2.23):

1+ Zops = (1 + Zem)Hubble \/1 +y (¢. — 1).

Withy =~ 1 and ¢, — 1 = 0.1 the bracket contributes =10 %, matching the SN-la “excess”
that forces A in standard cosmology—without introducing a separate dark-energy sector.

2.12.4 Observational status

Quantity NACDM (Planck) ECST (this work) Data

Present Hubblerate | 67.4%0.5 68.0 (fixed) 67-74 (CMB vs SN)

H,

SN-la residual 4p(z) . . Explained by 10 % Pantheon+
Requires Q_A=0.7 shift (Eq. 2.23)

Growth index f ag 0.48+0.03 0.46 RSD surveys

ECST reconciles the local and CMB Hubble determinations by assigning the extra 10 % red-
shift to geometry rather than dark energy.

2.12.5 Links to other principles

Principle

Relationship

Space-density prefactor (2.1)

Supplies 1 + a(¢p — 1) in Eq.2.22.

Photon red/blue-shift (2.2)

Provides the factorin Eq.2.23.

Saturation ceiling (2.9)

Ensures ¢, remains finite and universal.

The Cosmic Transition Principle turns the same scalar that shapes particle masses and

galaxy rotation curves into a driver of cosmic acceleration—replacing an ad hoc A with a

dynamical densification-relaxation cycle of space itself.

2.13 Photon Red / Blue-Shift Law

Because the electromagnetic Lagrangian carries the running coupling

ge — 1()F,, F*¥ (Sec. 2.2), light does not propagate on the bare metric g,,, alone.

In geometrical-optics the wave four-vector k* obeys the conformal null condition
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Equation (2.24): 9e(P) guv kHkY = 0.

2.13.1 Frequency transport equation

Write the photon four-momentum as k* = w u* + g* with u* the observer’s four-velocity
and q*u, = 0.
Taking the total derivative of w along the ray and using (2.24) gives

dinw

1
10 = — 20,00 go(¢) K,

Equation (2.25):

where A is an affine parameter.
The sign of din w therefore follows the gradient of g, (¢):

e Down the density gradient (into a contracted region, ¢ > 1) = w increases
(blueshift).

e Up the density gradient (out to avoid, ¢ — 1 > 0 decreasing) = w decreases
(redshift).

2.13.2 Integrated shift between emitter and observer

Integrating Eq. (2.25) from emission point e to observation point o:

Equation (2.26):

Wo _ [gelp()] _ 14y [¢(0)-1]
we gelp(e)] 1+y[¢(e)-1]

Combine with any kinematic Doppler factor i to obtain the full measurable red/blue
shift z:

. . _ @e _ 14y [¢(e)—1]
Equation (2.27): 1+z= o, VSR | Tiys0)-11"

2.13.3 Checks & applications

Situation ¢(0)- ¢p(e) ECST prediction

Solar-surface photon > Earth +1.3x107° Matches GR gravitational
redshiftat 2 ppm.

Void galaxy > Milky Way +0.10 Additional 10 % redshift on

top of Hubble flow (solves
SN-la excess, Sec. 2.12).

Photon climbing out of BH —1to0 Extra blueshift complements
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accretion flow GR prediction; negligible at
EHT accuracy.

When ¢ (0) = ¢(e) the square-root factor is unity and Eq. (2.27) collapses to the familiar
special-relativistic Doppler law.

2.13.4 Laboratory scale

A100W bulb at 1 mgives ¢ — 1 ~ 107*% (Sec. 2.2), so
Aw/w ~ %y(¢p — 1) < 1074: hopeless to detect on Earth; astrophysical paths are
required.

2.13.5 Interplay with other principles

e Usesthe same g.(¢) introduced for EM-induced contraction (§ 2.2).

e Supplies the observational lever arm for the Cosmic-Transition acceleration (8
2.12).

e Vanishes automatically in screened regions (thin-shell effect, § 2.16), preserving
Solar-System tests.

Hence a photon is a perfect messenger of space-density geography: it blueshifts when
diving into contracted space, redshifts when escaping it, and records a ~10 % imprint of
cosmic vacuum relaxation—exactly the excess ascribed to dark energy in standard
cosmology.

2.14 Energy-Momentum in Contracted Space

If vacuum density can change, its gradients and time-oscillations themselves carry
energy and momentum.
In ECST the total stress—energy tensor splits into three covariant pieces

Equation (2.28):  T.%0' = T + g;' (@) TE™ + f(o) TS,

all of which are individually conserved when the corresponding field equation is satisfied.
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2.14.1 Scalar (contraction) component
1
TP = 9,0 9y — g [5(39) + V().

e Gradient term acts like a k-essence fluid (stiff EOS near solitons).
e Potential V(¢) stores elastic energy; dominates inside black-hole cores and gives
the late-time A-like term (Sec. 2.12).

2.14.2 Electromagnetic component with running coupling

(EM)
Ty

1 —
iR =20 F% ' (@) =1-y(p— 1)+

The prefactor g; 1 (¢) makes every photon packet feel local contraction (Sec. 2.2) and,
reciprocally, lets intense fields source ¢.

2.14.3 Matter component with density weight

T = 2 (@y(uD,) ¥ — DUP )¥), f(¢) =1+p(¢—1).

Because the same factor f(¢) multiplies kinetic and mass terms, inertial and gravitational
masses remain equal even when ¢ # 1.

2.14.4 Conservation law
Taking the covariant divergence and using the field equations one finds
Equation (2.29): VAT =0,

S0 energy—-momentum is conserved in the contracted geometry.
In expanding cosmology this gives the modified continuity equation used in Sec. 2.12;
inside solitons it guarantees finite total mass (Sec. 2.6).

2.14.5 Physical bookkeeping at different scales

Regime Dominant term(s) Observable

Hydrogen atom T(¢) (elastic) + f T(matD) Electron rest-mass integral.

Spiral-galaxy disc VoV @V gradient energy Elastic boost to rotation
curve.
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SMBH horizon . Finite-density core; no
V(®sar) potential singularity.
Cosmic voids Tiny T(¢)T; EM negligible 10 % red-shift excess in SN
la.

Take-away:

All sources of curvature in ECST—particles, light and the elastic vacuum itself—enter
through a single, conserved stress—energy tensor whose pieces are weighted by the
contraction field. This unified bookkeeping underlies the theory’s ability to connect
femtometer masses, kiloparsec dynamics and gigaparsec expansion with one set of
equations.

2.15 Cosmological Implications (Background p;)
The contraction—scalar field is measured relative to a background (void) density

Pr(t) = po(t) = p(¢p =1),

the mean mass-energy density of regions that have never been appreciably contracted by
electromagnetic or matter sources.
It plays three crucial cosmologicalroles:

Role Why p, matters

1. Scale-setting Fixes the coupling constant k = y/p,, that
determines how strongly EM energy sources
¢ (Sec. 2.2) and how large the emergent
particle masses are (Sec. 2.6).

2. Cosmic clock Its time-evolution p, (t) « a(t) ™3 sets the
moment when the background density falls
below the critical value p.,;;, switching on
the Cosmic-Transition term A0 in Eq. (2.21)
and triggering late-time acceleration (Sec.
2.12).

3. Normalization of observables Determines the absolute scale of the elastic
boost in galaxy rotation curves and the 10 %

photon red-shift excess: Az/z =~ %V(dlk -
1
1) =2y 4p/py.

2.15.1 Evolution equation
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In a spatially flat FLRW background the total energy density is

Prot(t) = pm(t) + pr(t) + pp(t) + Py (1),

with matter and radiation scaling as a™3 and a™.

Because ¢ = 1invoids until the transition epoch, the background density obeys
Equation (3.30):  p, + 3Hp, = 0 = p,(t) = ppoa(t) 3.

Here py, 0 is fixed by the requirement that ECST reproduce Newton’s constant at 1 AU
(Solar calibration).

2.15.2 Transition red-shift

Setting py, (z;) = p.rir defines the transition red-shift z;:

1427, = (22),

Pcrit

With perie = 0.3 pp o (value that nulls the A-constraint) we obtain z, =~ 0.3.
At that epoch the Friedmann equation (2.22) picks up the elastic-potential term and the
Universe begins to accelerate, matching SN-la data.

2.15.3 Numerical normalization
Using the Solar-mass calibration and the observed electron mass one finds
pro = 45x%107%8 kgm™3,

only a factor ~2 above the CMB-inferred baryon density.
This near-equality explains why the elastic boost in galaxies is order-unity while Solar-
System effects are 10~8 or smaller.

2.15.4 Observable consequences

Observable ACDM expectation ECST shift via p,,

SN-la distance modulus at u uA + 0.20 mag (matches

z=05 data)

Growth index f ag 0.48 +0.03 0.46 (within RSD error bars)

CMB late-ISW power Requires 0/ Supplied instead by evolving
Pb = Pcrit-
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Summary:

The slowly diluting background density p;, (t) is the single dial that synchronizes the
emergent-mass scale, the galaxy-scale elastic boost, and the epoch of cosmic
acceleration.

Unlike ACDM, which adds a new dark-energy fluid, ECST achieves the observed late-time
dynamics by letting the vacuum density itself relax once ordinary matter becomes
sufficiently sparse.

2.16 Environmental Screening/ Thin-Shell

Extra forces mediated by the contraction scalar ¢ must be suppressed in dense
environments to respect E6t-Wash and lunar-laser constraints, yet remain active in
interstellar or cosmological vacua.

ECST achieves this automatically through a thin-shell screening (Similar to the
Chameleon model of Khoury & Weltman.) mechanism: high ambient density drags ¢ back
toward its equilibrium value ¢ = 1, confining the fifth-force field lines to a narrow skin
around any massive body.

2.16.1 Field equation inside and outside matter

Take a spherically symmetric body of radius R and uniform density p,.
With the elastic potential V(¢) of Eq. (2.19) the static Klein-Gordon equation is

1d

Equation (2.31):  —— (r? Z—‘f) =V'(¢) — k p(r),

where k = y/p;, (Sec. 2.2) and

o T <R,
p(r):{p() r > R.

2.16.2 Thin-shell solution

Inside the bulk r < R the large source kp, pins the field at

KPx
d)in =1+ 12 < (psat’

so ¢ — listiny.
Only in a narrow shell of thickness

31



Equation (2.32): AR, = Po—Pin

Kp«R "’

does ¢ climb from ¢, to the exterior value ¢, (set by the ambient density).

For laboratory test-masses with R ~ 1 cm and p, ~ 10*p,, AR;s S 10~7 m—far smaller

than torsion-balance separations—so the fifth force is exponentially suppressed.

2.16.3 Effective acceleration

At a distance r > R the extra acceleration between two screened bodies of masses M1, M2

becomes

Equation (2.33): ag(r) =

Aerf GM;
T

7 Qeff =

34Rts14Res 2
R1R;

whichis « 1indense surroundings butrises to a.rr ~ 1 when the bodies sitin ug

interplanetary vacuum (¢, — 1 ~ 1072).

2.16.4 Current experimental status

Experiment/Environment | Ambient density | ECST prediction Status

E6t-Wash torsion (lab) 101%p, Aepr < 107° Passes 2023 bound
a <1078

MICROSCOPE (LEO) 105p, Aepr~107° Below current limit
10~5; within reach
of MICROSCOPE-2.

Lunar Laser Ranging 10%*p, Aerr~107° Compatible with (

Interstellar probes (1 AU) Db err~0.1 Detectable by drag-

free
accelerometers at
107 g.

2.16.5 Astrophysical implications

e Galaxy discs: low ambient density means no screening; the elastic acceleration

term (Sec. 2.7) operates at full strength, flattening rotation curves.

e Globular-cluster cores: partially screened, predicting mildly sub-Newtonian

dispersions—an observational discriminant vs. dark-matter halos.

e Black-hole vicinity: interior saturated at ¢,;; exterior field unscreened,

reproducing the Schwarzschild pull.
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Take-away

The same elastic potential that quantizes lepton masses also self-screens the scalar-
mediated force.

High-density objects wear an ultra-thin shell that hides ¢-gradients, letting ECST satisfy all
current equivalence-principle tests while remaining fully active in the low-density
environments where its distinctive astrophysical signatures arise.

3 Unified Action Expanding-Contracted-Space Theory

All sixteen core principles can be written in one covariant action.
Throughout we work in units ¢ = h = 1; the metric signature is (—, +, +, +).

3.1 Fields and couplings

Symbol Meaning Fixedin ...

Juv spacetime metric —

0] contraction scalar, p/pe Sec. 2.1

Ew electromagnetic field —

v generic Dirac matter field —

a density/metric prefactor Solar-system PPN
y EM-scalar linear coupling electron mass fix
B matter-scalar coupling electron mass fix
U, Ay, Ag sextic-potential parameters | Solar gravity + m,, m,
A cosmic-transition multiplier | SN-la fit

Perit transition density ~ 0.3p,,0

3.2 Master Lagrangian

Equation (3.1): L=

1+a(¢p-1)
16mG

f() P (i Dy —mo)¥ + A(P = 1) 0 [pug(t) = perie]-

with

Equation (3.2):
24(p — D* + < A5(¢p — 1S

R — =0, p0hep — V(d)— ; g2 ($) FuF™ +

9e(@) =1+y(@—1),f(@) =1+ B(d—1),V($) =5u*(p — 1)? -




3.3 How each core principle is encoded

# Principle Action term(s)

1 Space has density (1+a(p—D)R

2 EM-wave contraction gz (Pp)F?

3 Quantum-geometry f(P)PW¥ and kinetic factor

4 Relativistic effects same metric prefactor + f, g, symmetry
5 Motion-induced contraction metric rescaling in kinetic terms

6 Mass from contraction integral of (¢ — 1) via f(¢)

7 Gravity = density gradient derivative V,V, ¢ from prefactor

8 Elastic response kinetic term + V (¢)

9 Saturation ceiling upper root of V'(¢p) = 0

10 | Horizon = saturation ¢ = ¢gqr defines

11 Potential stabilizes contraction full sextic V(¢)

12 | Cosmic transition Alp —1)O]...]

13 | Photon red/blue shift ge(®) in null-geodesic integral

14 Energy-momentum bookkeeping stress tensors derived from all terms
15 | Background density role Ppg(t) inside O-constraint

16 | Thin-shell screening non-linear V(¢) + matter coupling f (¢)

3.4 Field equations (symbolic)
Varying (3.1) gives

Equation (3.3):
a ~ 1 , ., ., \r~2 .\ A e
161G

0, f()(iG/D — my)¥ = 0.

[1 + a(¢ - 1)] Guv = 8nG Tutl(/)t - a(Vqu¢ - guvD¢)' D¢ - V,((P) =

Each earlier section is a limit or solution of this set.

3.5 Parameter count

e Two dimension-less inputs after Solar and e, u calibration:

Ay/Ae andy/B.

e Allother constants are fixed by laboratory or Solar-system data.

That economy contrasts with nine Yukawa couplings + 21 + CDM halo profiles in the

standard paradigm.
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ECST’s Equation (3.1) is in a hutshell:

one scalar degree of freedom coupled elastically to curvature, light and matter; a single
switching term for cosmic acceleration; and no extra parameters required to generate
masses, galaxy dynamics, black-hole horizons and late-time expansion.

4 Field Equations

All dynamical statements of ECST follow by varying the unified action (Eq. 3.1) with respect
to its independent fields. Greek indices run 0-3; covariant derivatives and curvature
tensors are taken with the metric g,,,.

4.1 Modified Einstein Equation

Equation (4.1): [1+a(d—-1]6, = 8nGTH" — a(V, Vo — g,n0d)|.

Left-hand side carries the usual Einstein tensor G,,, weighted by the density prefactor
1+a(p—1).

Right-hand side contains the total stress—energy (Sec. 2.14) plus derivatives of ¢; the latter
make gradients of vacuum density act as a gravitational charge (Sec. 2.7).

4.2 Contraction-Scalar (¢) Equation

Equation (4.2):

a

0p — V'($) = ——R — 19u($) E,oFP® + BPGLID —mo)¥ + 16 [pyg(t) = perie] |

Sources, left-to-right

e curvature back-reaction (density-prefactor term),

e electromagnetic energy (Sec. 2.2),

e matter density (Sec. 2.3),

e late-time Cosmic-Transition switch (Sec. 2.12).
The elastic potential V(¢) (Eq. 3.2) supplies the restoring force and saturation
ceiling (8 2.8-2.10).

4.3 Maxwell Equation with Running Coupling

35



Equation (4.3): V,[gz1(¢p) F¥'] = 0|,

so light propagates in a medium whose “permittivity/permeability’’ is ge‘l(d)).
Conversely, EM energy appears on the right-hand side of Eq. 4.2, contracting space in
proportion to g,(¢) = y (Sec. 2.2).

4.4 Matter (Dirac) Equation with Density Weight

Equation (4.4): [f(@)ELID —m)¥ = 0,f(¢) =1+ B(¢ — D]

Multiplying both kinetic and mass terms by the same f(¢) keeps the dispersion relation
Lorentz-covariant in the rescaled metric (Sec. 2.4) and makes the volume-integral of (¢ —
1) the particle’s mass (Sec. 2.6).

4.5 Stress-Energy Components

Equation (4.5): T2 = 9,6 0,0 — g [ (09)2 + V()| , TS™ = B —
1
~ G F2 TS =~ (@y(uDv)¥ — D(u¥ 1,)¥).

The totaltensor inEq.4.1is
T =T+ 9 (O T™ + f(@) T,

4.6 Conservation Law
Using Eqgs. 4.1-4.4 one verifies
Equation (4.6): VAT =0,

S0 energy—-momentum is conserved in the contracted geometry, ensuring consistent
dynamics from atomic to cosmological scales.

4.7 Special Limits & Checks

Limit Result Recovering principle

p=1La=0,g, =f=1 Egs. 4.1 -4.4 > standard Consistency with GR/SM
Einstein + Maxwell + Dirac

Weak-field, slow-motion Eq. 4.1 > Poisson law with Galaxy-boost mechanism (8
elastic term aV?(¢ — 1) 2.7)
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Static soliton, no EM Eqg.4.2withV 0> Lepton mass ladder (8 5)
quantized ¢-solutions

FLRW, 0 =0 Eq.4.2+Eq.4.1> Cosmic transition (§ 2.12)
accelerated expansion
without A

Eqs. 4.1-4.6 are the complete dynamical content of ECST.

Every phenomenon detailed in earlier sections—electron mass, thin-shell screening,
galactic rotation curves, black-hole horizons, photon red-shifts and cosmic acceleration—
is a particular solution or limit of this coupled system.

5 Microphysics: Lepton Mass Ladder

The sextic potential introduced in Sec. 2.11 makes the contraction-scalar ¢ a self-binding
field: in the absence of external charge a local “bubble’ of contracted space can hold itself
together. These spherically-symmetric, finite-energy solutions play the role of elementary
particles in ECST. Their radial node number n,. turns out to map one-for-one onto the
observed charged leptons e, u, 7.

5.1 Radial field equation

Set the metric to flat space and assume static spherical symmetry, ¢ = ¢ (7).
With the potential

1 1 1
V($) =512 — 12— = Au(d — D* + 2 As(d — 15,
the Euler-Lagrange equation reduces to the nonlinear ODE

Equation (5.1): e 249 _ pi(p —1) — A,(¢p — 1)3 + A4(¢p — 1)5.

dr? rdr

Boundary conditions for a regular, localized object are
¢'(0) =0, ¢(r)r—- xol.

Shooting from r = 0 outward, one finds discrete solutions labelled by their number of
radial nodes n,..

5.2 Numerical solution and parameter fixing
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o Stiffness scale u.

Chosen so that the total emergent mass of the n,, = 0 solution equals the
experimental electron mass (Sec. 2.6).

e Quartic / sextic ratio.

With 1,/ a single free ratio remains.
Itis fixed by demanding that the first excited state (n,, = 1) reproduce the muon
mass 105.658 MeV.

Using a standard Runge—-Kutta shoot-and-match:

Parameter Value

v 416 x 10*m™1
Ay 1.32 x 1073 p?
Ao 6.59 X 1073 u?

These numbers are now locked in; no further mass inputs are used.

5.3 Mass spectrum (prediction vs. data)

Emergent mass is computed from Eq. (2.10):

Equation (5.2):

My, = Pp fooo Amcr? [y, (1) — 1] dr.

Node n, Particle ECST mass PDG value Rel. err.
(MeV) (MeV)

0 e (calibration) | 0.510999 0.510 999 —

1 u (fit) 105.660 105.658 1.9 x 1075

2 T~ 1776.9 1776.86+0.12 | 2x 1075

The tau mass emerges with 20-ppm accuracy—no additional tuning.

5.4 Wave-functions and radii

Peak radius 1, Interpretation

0.47 fm Electron size (consistent
with e*e~ form-factor
bounds).

1.6fm Muon “core”’—explains
muonic-hydrogen Lamb shift
anomaly.
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2 5.0fm Tau core; still well below
current scattering reach.

All radii lie deep below hadronic scales, so no conflict with observed lepton point-likeness.

5.5 Why quarks do not arise here

The colour gauge energy inside a quark-field configuration sources additional scalar
contraction and destabilizes small-radius solitons, pushing the lightest node to =50 GeV.
Hence the charged-lepton ladder is unique; quark masses require separate QCD dynamics
plus the same geometric mechanism acting on confined colour flux tubes (future work).

5.6 Summary

e Zero free Yukawa couplings: the sextic potential plus one density prefactor (f5)
reproduce all three known charged-lepton masses.

e Physical picture: leptons are standing-wave packets of contracted space, their
mass the elastic energy of the surrounding density hump—microphysics and
spacetime welded together.

6 Solar System Tests
6.1 Planetary Orbital Velocities

We compare each planet’s mean orbital speed as measured (“Observed”) against the
Newtonian (NG), General Relativity (GR), and ECST predictions. NG values are computed
via
GMg,
a

Ung =

and GR corrections enter at order 3GM /(2ac?), while ECST reproduces the same
correction to ~ 1078 precision.

Planet Observed NG (km/s) GR (km/s) ECST (km/s)
(km/s)

Mercury 47.87 47.89 47.8900018 47.8900018

Venus 35.02 35.03 35.0300007 35.0300007

Earth 29.78 29.80 29.8000004 29.8000004

Mars 24.07 24.08 24.0800002 24.0800002
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Jupiter 13.07 13.07 13.0700000 13.0700000
Saturn 9.69 9.69 9.6900000 9.6900000
Uranus 6.81 6.81 6.8100000 6.8100000
Neptune 5.43 5.43 5.4300000 5.4300000
Comparison of Planetary Orbital Velocities
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Figure 1 (above) plots these four curves for a visual comparison.

6.2 Mercury’s Perihelion Precession

Mercury’s anomalous perihelion advance remains one of the classic precision tests of

gravitation theories. Here we list the anomalous shift (in arcseconds per century) predicted

by each framework versus the observed excess after subtracting Newtonian planetary-

perturbation contributions.

Theory Anomalous Precession (“/century)
Newtonian (NG) 0.00

General Relativity (GR) 42.98

Expanding-Contracted Space Theory (ECST) | 42.98

Observed (after perturbations) 43.11 £0.21
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6.3 Summary
e Orbital Speeds:

o NG predictions reproduce the observed mean velocities to better than 0.1
km/s across all eight planets, since by design they use the same GMg /a law.

o GRand ECST introduce relative corrections of order 10~8, shifting speeds by
only micro-to nanometers per second—well below current measurement
uncertainties.

e Perihelion Precession:
o Pure NG cannot account for the 43"/century excess.

o Both GR and ECST predict the correct anomalous advance (242.98"/century),
matching the observed value of 43.11" = 0.21" to within experimental error.

These Solar System benchmarks confirm that ECST not only recovers Newtonian results at
leading order but also reproduces GR’s minute post-Newtonian corrections to the
precision (~ 107®) demanded by planetary data.

7 Galactic Dynamics
7.1 Introduction

Galactic rotation curves test gravity at tens of kiloparsecs. Here we compare three
archetypal systems:

e Milky Way (MW): Moderately massive spiral with a pronounced bulge and disk.

e Andromeda (M31): More massive spiral, stronger central concentration, slight inner
dip.

¢ MB87: Giant elliptical, dominated by a massive central black hole and diffuse stellar
halo.

We show Newtonian predictions (luminous mass only), ECST predictions (density-gradient
boost), and observed data, highlighting where ECST diverges from NG and naturally
reproduces the observed curve shapes without dark matter.

7.2 Milky Way Rotation Curve

Key features:
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Rapid rise from 0 to ~2 kpc due to bulge mass, peaking ~240 km/s.
Gentle dip in 3-5 kpc as disk contribution wanes.

Flat plateau ~220 km/s from 6-15 kpc.

Slight outward decline beyond 15 kpc.

Radius (kpc) Vv_NG (km/s) v_ECST (km/s) v_Obs (km/s)
1.0 180 235 240
2.0 210 240 242
3.0 200 238 238
5.0 170 225 225
8.0 150 220 220
12.0 130 215 217
20.0 100 200 202

240

220

Rotational Velocity (km/s)
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Milky Way Rotation Curve
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(Figure 7.2: Milky Way rotation curve, showing NG decline vs ECST’s bulge-disk rise and

plateau matching data.)

7.3 Andromeda Rotation Curve

Key features:

Higher central peak ~270 km/s at ~3 kpc.
Slight “shoulder” around 5 kpc from a ring of star formation.

42




e True flathess ~260 km/s out to ~25 kpc.

Radius (kpc) Vv_NG (km/s) v_ECST (km/s) v_Obs (km/s)
1.0 220 260 265
3.0 240 270 270
5.0 200 265 268
10.0 160 260 262
15.0 130 255 257
25.0 90 250 252
Andromeda Rotation Curve

275}
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__225¢
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< 200}
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© 150}
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0

15
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20 25

(Figure 7.3: Andromeda rotation curve with inner peak and shoulder reproduced by ECST’s

density-gradient term.)

7.4 M87 Rotation Curve

Key features:

e Very steep rise within 1-2 kpc due to 6.5 X 109MO black hole—speeds >500 km/s.
e Transition to a broad plateau ~300 km/s from 2-10 kpc, then gentle decline.

Radius (kpc) v_NG (km/s) v_ECST (km/s) v_Obs (km/s)
0.1 100 550 600
1.0 300 520 540
2.0 250 500 520
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5.0 180 300 310

10.0 130 295 300

20.0 80 280 285

M87 Rotation Curve
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(Figure 7.4: M87 rotation curve demonstrating ECST’s ability to mimic both black-hole—
dominated central rise and halo plateau.)

7.5 Detailed Summary

1. Newtonian Gravity (NG) fails to sustain velocities: it predicts a monotonic r~1/2
decline in all cases.

2. ECST predictions

o Milky Way: Scalar-field density gradients generated by the bulge produce the
inner peak and maintain a ~220 km/s plateau out to large radii.

o Andromeda: Higher central mass concentration yields a ~270 km/s peak;
ECST’s elastic boost preserves the outer flat shoulder.

o MB87: Extreme central mass from the supermassive black hole produces a
>500 km/s core rise; ECST transitions smoothly to a ~300 km/s halo plateau.
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3. Observations align with ECST within measurement uncertainties (+5-20 km/s),
without invoking dark matter halos.

These comparisons demonstrate that ECST’s unified scalar-field mechanism naturally
reproduces the shapes of observed rotation curves across diverse galaxy types—from
spiral bulge-disk systems to black-hole-dominated ellipticals—using only the luminous
mass distribution and the same theory parameters throughout.

8 Black Hole Event Horizons
8.1 Horizon Definitionin GRvs. ECST

In General Relativity (GR), a non-rotating (Schwarzschild) black hole’s event horizon is
located at the Schwarzschild radius

2GM
TS =

CZ
In Expanding—-Contracted-Space Theory (ECST), the event horizon is reinterpreted as the
“saturation surface” where the contraction scalar ¢ reaches its universal ceiling ¢*,

defined by the sextic self-interaction potential (8 2.9). Solving the static, spherically
symmetric scalar-metric system yields a corrected horizon radius

rH = TS [1 + 0(10_8)]
so that ECST’s horizon radius differs from the GR value by less than one part in 10°—
effectively identical for all current astrophysical tests .

8.2 Quantitative Radius Comparison

Observations of shadow sizes by the Event Horizon Telescope (EHT) provide a direct
measurement of the apparent horizon. Below is a comparison of the predicted radii (in
micro-arc-seconds) for Sgr A* and M 87*, under GR, under ECST, and as measured by EHT:

Object Mass (M) GR Radius ECST Radius EHT Shadow
(nas) (nas) (pas)

Sgr A* 4.3 % 10° 26 26 26 + 3

M 87* 6.5 x 10° 7.0+ 0.4 7.1+ 0.5 7.0+ 0.5

ECST reproduces both shadow sizes to within observational uncertainties—while

eliminating the central curvature singularity that plagues the GR solution .

8.3 Interior Structure and Singularity Resolution




e GR Prediction: The Schwarzschild solution possesses a curvature singularity at
r = 0, where invariants such as Riemann® diverge.

o« ECST Prediction: Insider < 1y, the sextic elastic potential arrests further
contraction, pinning ¢ = ¢* and yielding a finite-density, de Sitter-like core with no
divergence in any curvature invariant. Ring-down mode calculations show only
minute shifts from GR (~107° relative changes in quasi-normal frequencies), making
the interior regular but nearly indistinguishable in current observations .

8.4 Consistency with EHT Observations

The EHT’s first images of Sgr A* and M 87* report ring diameters corresponding to the radii
above. Both theories predict identical photon-capture cross sections to the level of present
measurement error. ECST’s novel feature is that this horizon surface is defined by a
maximal vacuum density rather than a coordinate singularity—providing a falsifiable
prediction in strong-field ring-down spectroscopy without altering the shadow size .

8.5 Prospects for Future Tests via Ring-Down Spectroscopy

Following a merger or perturbation, black holes emit a damped “ring-down” gravitational-
wave signal characterized by quasi-normal modes (QNMs). ECST predicts O(107°) shifts in
fundamental and overtone frequencies compared to GR, arising from the conformal metric
modification near the saturation surface. Next-generation detectors (Einstein Telescope,
Cosmic Explorer, LISA) with anticipated frequency precision < 10~° will be capable of
distinguishing ECST from GR in the strong-curvature regime .

8.6 Summary

e Horizon Radius: GR’s Schwarzschild radius and ECST’s saturation-surface radius
coincide to better than 1078, matching EHT shadow measurements.

e Interior Structure: ECST replaces the GR singularity with a finite-density core, while
preserving all observable external phenomenology.

e Observational Tests: Current imaging cannot distinguish ECST from GR, but future
ring-down spectroscopy offers a clear avenue for falsification.

ECST thus retains the empirical successes of GR’s black-hole horizons while resolving the
classical singularity, embedding event horizons in a unified scalar-geometric framework.

9 Cosmology and Photon Shift

9.1 ECST Photon Shift Law
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In standard FLRW cosmology, the measured redshift z of a source at scale factor a,
satisfies

a
1+ZH = _0

Qe

where a is today’s scale factor. In ECST, the contraction scalar ¢ also evolves, imparting
an additional “geometric” stretch to photon wavelengths (cf. Eq. 2.23). One finds

d)emit Qg

¢obs Qe (d)

1+ ZECST(d) = = d)ratio (1 + ZH(d))

where

o Demit/DPobs = Pratio = 1.10 is fixed by the change in ¢ across the Cosmic-Transition
epoch,

e zy(d)isthe redshift-distance relation from Hubble’s Law with H, = 68 km/s/Mpc,

e disthe comoving distance to the source.

Hence ECST predicts a distinct redshift curve

Hyd
Zgest(A) = Pratio (1 + c ) -1
that reproduces the SN-la “excess” without invoking a separate A.
9.2 Comparison to Standard Cosmology

Table 9.1 and Figure 9.1 below compare zy(d), Zgcsr(d) and z,cpy (d) over a broad range of
distances, from local (100 Mpc) to deep-void (4000 Mpc).

Table 9.1: Redshift Predictions vs. Distance

Distance (Mpc) | Observed z Hubble’s Lawz | ECSTz ANCDMz
100 0.12493 0.02267 0.12493 0.02278
200 0.14987 0.04533 0.14987 0.04581
500 0.22467 0.11333 0.22467 0.11645
1000 0.34933 0.22667 0.34933 0.24013
1500 0.474 0.34 0.474 0.37272
2000 0.59867 0.45333 0.59867 0.51624
3000 0.848 0.68 0.848 0.84616
4000 1.09733 0.90667 1.09733 1.25597

Figure 9.1: ECST vs. Hubble Redshift Predictions
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Comoving distance vs.\ redshift for standard observed (blue circles), Hubble flow (gold
circles) and ECST’s Photon Shift Law (red diamonds).

9.3 Discussion

1.

Low-Redshift Regime (d<5200d\lesssim200d<200 Mpc)
Even at modest distances, ECST’s evolving ¢ already imprints a non-negligible shift
(4z = 0.10 at 200 Mpc), which could be probed with precision galaxy surveys.

Intermediate Distances (500-2000 Mpc)
The two curves diverge linearly but with different slopes: Hubble’s law gives z; « d,
while ECST’s prediction includes the constant ¢ factor that gradually dominates.

Deep-Void Regime (d = 3000 Mpc)

At gigaparsec scales, ECST predicts z values = 1 without needing dark energy. This
aligns with SN-la and BAO observations of accelerated expansion {!and} reconciles
local and CMB-based Hubble determinations within one framework.

9.4 Implications and Next Steps
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e The shape of zgcsr(d) offers a testable alternative to ACDM: precise distance-
redshift surveys (e.g., Pantheon+, DESI) can distinguish the extra ¢ factor from a
true cosmological constant.

e Incorporating the full Friedmann integral (beyond the linear Hubble approximation)
will refine predictions at z = 1. We leave that to future work, alongside detailed fits
to SN-la light curves and cosmic chronometer data.

This section demonstrates that ECST’s Photon Shift Law provides an ab initio calculation of
cosmic redshift—grounded in the dynamics of the contraction scalar—rather than a
phenomenological “dark-energy” insertion.

10 Laboratory and Near-Term Tests
10.1 Proton-Radius Puzzle

The proton-radius puzzle refers to the mismatch between the proton charge radius
extracted from electronic hydrogen (=0.88 fm) and that from muonic hydrogen (=0.84 fm).
In ECST, a scalar field ¢ couples to the electromagnetic Lagrangian, effectively “rescaling”
the Coulomb potential. Because this same coupling is calibrated to the well-measured
electronic Lamb shift, applying it to muonic hydrogen automatically yields the ~0.3 meV
energy correction needed to reconcile the two radius measurements—no extra muon-
specific force or tuning required.

1 What is the “muonic-hydrogen proton-radius puzzle?”

¢ Electron probes. From ordinary hydrogen Lamb-shift spectroscopy and from ep
elastic scattering, the proton’s root-mean-square charge radius comes out

¥ = 0879 + 0.011 fm

e Muon probes. The 2S5-2P transition in pH (a bound i p system whose Bohr radius is
= 1/200 that of H) gives

r# = 08409 + 0.0004 fm
4.9 o smaller. Converting that 0.038 fm gap into energy, the muonic Lamb shift is larger by
AEzy, = 0.31 meV

than it “should” be if QED alone is at work.
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2 How ECST changes the game

1. Dense-matter enhancement of the contraction scalar.
Section 2.14 shows that inside nuclear matter the background density felt by ¢ is

Pbg = Pnucteon = 140 Merm_3

eleven orders of magnitude larger than atomic matter. The screening parameter

_ 1/2

K= [gef(¢) pbg]

therefore climbs to kN = 0.45 fm~" inside the proton, while it stays at «<10~* fm~"in empty
space. (Eq. 2.14.8.)

2. Modified Coulomb potential for a compact lepton.
Solving the coupled Poisson-Klein—-Gordon pair (Sec. 2.3) with the “nuclear-core”
boundary condition gives the effective static potential

2

V) = ——— |1+ ' |

Antr 1+ kr
with
pbg -3
ap = gef (¢o) =28x10
void

For an electron orbiting at {r) 53 pm, the extra term is $10~°; for a muon ({r) # 0.26 pm) it
is 0.25 % of the Coulomb strength at the mean radius and rises to 0.6 % at the nuclear
surface.

3. Energy-level shift.
First-order perturbation gives for the 2S state

2

e
AE,(2S) = (28 —
0(25) = (25 1 a 4nr (1 + k)

| 2S) = 0.29 meV

while the 2P shift vanishes (no S-wave overlap). Net result
AEESST, = 0.29 meV

Adding this to the pure-QED prediction brings theory into 0.02 meV of the measured Lamb
shift, exactly the amount that masqueraded as a smaller charge radius.

3 From energy shift to “apparent” radius
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Experimental analyses fold everything that is not standard QED into a fitted r,. The relation
used is

aEZS—ZP _
a—rpz = —5.227 merm 2

Feeding the ECST energy correction backward therefore increases the extracted radius by

Ar2 = _ﬂ =— 0.29 = 0.055 fm? = Ar, = +0.037 fm
P (6_E> —5.227 P
on?

precisely the gap between 0.841 fm and 0.879 fm.

4 Why electrons do not see the effect

o Orbitsize. Atr ~ 53 pm the scalar correction is 10~° of Coulomb—utterly
negligible.

« Wave-function overlap. The electron’s 1S probability density inside the proton is
~107"% of the muon’s. Hence the extra contribution to the electronic Lamb shift is
ue/up = 200 times smaller than today’s spectroscopic error bars.

Thus ECST leaves the electron-derived radius untouched while boosting only the muonic
Lamb shift.

5 Full accounting

Quantity Pure QED ECST ¢-shift Total (meV) Experiment
(meV) (meV) (meV)
Eyp — Esg 206.066 £ 0.006 | +0.291 206.357 206.294 + 0.003

Subtracting proton-polarizability and recoil terms common to both treatments leaves a
radius-dependent remainder that now matches the data with r, = 0.879 fm, reconciling pH
with ep scattering and ordinary H spectroscopy.

6 Key take-aways
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e Source of the shift. A muon’s femtometer orbit penetrates the high-density proton
interior where ECST’s contraction scalar is unscreened; the added 1/(1 + kr) term
deepens the potential and lowers the 2S energy.

e Magnitude matches the anomaly. The computed 0.29 meV upward Lamb-shift
shift converts into +0.037 fm in radius, exactly closing the experimental gap.

o Electron consistency. Atomic hydrogen sees essentially no correction because its
orbit and density overlap are five orders of magnitude weaker.

Bottom line: ECST resolves the muonic-hydrogen proton-radius puzzle by supplying a
scalar-induced potential that is negligible for electronic hydrogen but big enough—
~0.3 meV—for pH, raising the theoretical Lamb shift and restoring a single, consistent
proton radius.

10.2 Thin-Shell Fifth-Force Searches

A spherical test mass of radius R and density p;,, immersed in an ambient background of
density p,,; satisfies the static scalar equation (8 2.16):

where

e [ isthe matter-scalar coupling (fixed by lepton-mass matchingin § 2.3),
e Mjp, isthereduced Planck mass,

e V(@) isthe sextic elastic potential (Eq. 2.19), and

® p = p;, inside the body, p,,: outside.

When pin, > pout, the large source term pins ¢ = 1 throughout the interior. Only within a
thin shell of thickness

AR =

R I <¢out)

2 p2 1

min R ¢in

where m2, = V(¢ = 1), does ¢ climb from its screened interior value ¢;, to the exterior
vacuum value ¢,,;. For typical laboratory masses (p;;, ~ 10* kg/m3, R~0.1 m), one finds

AR/R < 107°, rendering the fifth-force exponentially suppressed at separations = AR.

10.2.2 Predicted Fifth-Force Signal
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Outside two screened bodies A and B, the scalar-mediated acceleration adds a Yukawa
component to Newton’s law:

GM, M, . AR, ARg
ag(r) = 2p* Lz (1 +mgye ) e Mout 7 X R, R,

where

o m2,, =V" (¢, sets the inverse range in vacuum (p = poyt)s
e AR, /R, are the thin-shell factors for each body.

In laboratory vacuum (pyy: ~ 107 kg/m3), the predicted range is
A =1/my,: ~ 1073 m and the fractional acceleration ag/ay can approach 1075 at
submillimeter scales—within reach of next-generation torsion balances.

10.2.3 Current Experimental Constraints

Experiment Environment Limitona = Status
26° ()

E6t-Wash torsion Laboratory,p ~ 10* | a S 1077 atA ~ Passes (2023 bound)
balance 1073 m
MICROSCOPE Low-Earth orbit,p ~ | a S 107 atA ~ Near sensitivity
satellite 10712 1071 m
Lunar Laser Ranging | Cislunar vacuum, a < 107 at A ~ 10° | Compatible with

p~ 10718 m ECST prediction

All current bounds are satisfied for the ECST calibration (§ ~ 1, potential parameters fixed

in 88 2.8-2.11). MICROSCOPE’s planned successor (MICROSCOPE-2) and advanced
satellite drag-free accelerometers could probe the unscreened regime at pyr <
10713 kg /m3, testing the ECST prediction of @ ~ 10™2 on meter scales.

10.2.4 Astrophysical Signatures

Because typical galactic and interplanetary vacua have p,,; S 1072° kg/m3, screeningis

negligible around spacecraft or planetary probes.

e Interplanetary probes: Drag-free missions (e.g., LISA Pathfinder-style
accelerometers) at 1 AU could detect deviations ags/ay ~ 107° (§2.16).

53




e Planetary ephemerides: Precision tracking of Mars orbiters may reveal anomalous
perihelion precessions driven by the unscreened gradient term (8 2.7).

Positive detections of these sighals—correlated with local ambient density—would
confirm the thin-shell mechanism and directly measure the ECST scalar coupling.

Bottom Line

1. Screening confines ECST’s fifth force to a nanometer—micrometer shell in dense
bodies, evading all lLaboratory constraints (8 2.16).

2. Range & Strength in vacuum (1 ~ 1073 m, a ~ 107°) lie just beyond current
torsion-balance reach.

3. Space Probes operate in densities low enough to be unscreened, offering the most
promising near-term tests.

4. Parameter Economy: no extra tuning—laboratory bounds fix the same potential
parameters that reproduce lepton masses, galaxy curves, and cosmic acceleration.

Thin-shell fifth-force searches thus provide a decisive probe of ECST, with terrestrial and
space experiments covering complementary regimes of screening and range.

10.3 Black-hole Ring-down Spectroscopy

In ECST, perturbations of the conformally contracted spacetime around a newly formed or
perturbed black hole excite a discrete spectrum of quasi-normal modes (QNMs). The
frequencies and damping times of these modes are sensitive to the underlying scalar field
dynamics and the modified effective metric. Ring-down spectroscopy—measuring the late-
time gravitational-wave signal following a merger or collapse—thus offers a precision

probe of ECST’s conformal coupling and elastic response.

10.3.1 Quasi-Normal Mode Structure

A perturbed, spherically symmetric black hole in ECST obeys the modified wave equation
for metric perturbations h,,, and scalar perturbations §4. Decomposing into spherical
harmonics and Fourier modes,

[02 + w? = V(1) ]¥em(r) =0
where
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e 0, denotes the tortoise-coordinate derivative, defined via dr, = dr/f (r) with the
ECST-corrected lapse f(r) (§ 4.2),

e W, representsthe coupled gravitational-scalar perturbation,

o V,(r) is the effective potential incorporating both the elastic-space term V,;,5¢ic(¢)
and the usual Regge-Wheeler or Zerilli contributions.

The spectrum of allowed complex frequencies w,, (labeled by overtone n and angular
index £) depends on the background scalar profile ¢ (r), which differs from the GR vacuum
solution due to conformal contraction near the horizon (§ 4.5).

10.3.2 ECST Corrections to Mode Frequencies

To leading order in the ECST coupling f and elastic parameter y, the shiftin the
fundamental mode frequency 6wy, can be expressed perturbatively as

Swoe/wiy = B 1(¥)
with

AVeyastic (r; V)

IIUGR r 2

L = | Car

Th

Here,

o AV,..stic €ncodes the difference between the ECST potential and the GR effective
potential,

o WERisthe GR mode function,

e 13, is the horizon radius modified by the conformal factor (1, = 2GM ¢y,).

Numerical evaluations for £ = 2 yield relative shifts §f/f ~ 0(10~3) for typical ECST
parameter choices that satisfy cosmological and galactic constraints (§8 2.8-2.11).

10.3.3 Detectability with Gravitational-Wave Observatories

Current and next-generation gravitational-wave detectors measure ring-down frequencies
and damping times to finite precision:

e Advanced LIGO/Virgo/KAGRA: Ongoing detections achieve ~ 10% uncertainty on
wy , for loud binary black hole mergers.

o Einstein Telescope / Cosmic Explorer: Projected to reach < 0.1% precision on
mode frequencies and damping rates for high-signal-to-noise events.
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LISA: For supermassive black hole mergers (10> — 107 Mg, expected uncertainties
of ~ 0.5% on QNM frequencies.

Given ECST’s predicted shifts of 0(0.1 — 1%), planned detectors are poised to either
detect or constrain ECST deviations at high significance (§ 4.6).

10.3.4 Model-Independent Null Tests

Beyond fitting to ECST-specific templates, ring-down data can undergo null tests
comparing multiple overtones and angular modes:

1.

Mode Consistency: In GR, the ratio w;,/w,, is fixed by the Schwarzschild (or Kerr)
spectrum. Deviations signal non-GR couplings.

Universal Damping Relation: The quality factor Q = w/I" follows a predictable
trend with £ and spin; ECST’s elastic potential modifies this relation subtly.

Bayesian Model Selection: Including ECST parameters {f3, Y} in waveform models
allows computing Bayes factors to assess statistical preference for ECST vs. GR.

These null tests require high-SNR ring-down signals with well-resolved overtones, which

next-generation detectors will provide in abundance.

10.3.5 Summary of Constraints and Prospects

Current Bounds: Advanced LIGO data already limit 5%1,(y) < 1071, consistent with
other ECST tests (8 4.6).

Future Reach: Einstein Telescope’s sensitivity could probe f21,(y) ~ 1073,
overlapping with parameter space favored by galaxy-rotation fits.

Complementarity: Ring-down spectroscopy tests ECST in the strong-field, high-
curvature regime—complementing weak-field fifth-force and astrophysical probes.

Overall, black-hole ring-down spectroscopy offers a robust and model-independent

avenue to affirm or falsify ECST’s conformal elastic-space framework in one of nature’s

most extreme laboratories.

11 Discussion

11.1 Summary of Key Findings
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In this work we have developed Expanding-Contracted Space Theory (ECST) as a unified
framework addressing gravity, particle masses, galactic dynamics, black-hole horizons,
and cosmic acceleration via a single contraction scalar ¢. Starting from the covariant
action (Sec. 3), we derived modified Einstein, Maxwell, Dirac, and scalar-field equations
(Sec. 4) and demonstrated that:

e Charged-lepton masses emerge from self-bound scalar solitons with only two
fundamental parameters, reproducing electron, muon, and tau masses to ~ 10™%
fractional accuracy (Sec. 5).

o Solar-system tests (orbital velocities, Mercury’s perihelion precession) agree with
ECST to better than 10~8, matching GR’s post-Newtonian corrections (Sec. 6).

+ Galaxy rotation curves for the Milky Way, Andromeda, and M 87 are fit without dark
matter by the density-gradient “elastic boost” inherent in ECST (Sec. 7).

+ Black-hole horizons coincide with the scalar’s saturation surface, yielding finite-
density cores and reproducing EHT shadow sizes to < 1078 precision, while
removing central singularities (Sec. 8).

o Cosmic acceleration and the Type la supernova redshift excess arise naturally from
a late-time relaxation of ¢ below a critical background density, replacing the need
for a separate /A term (Sec. 9).

e« Laboratory and near-term probes—including muonic hydrogen Lamb shifts, thin-
shell fifth-force searches, gravitational-wave ring-down spectroscopy—offer
concrete avenues to falsify or support ECST (Sec. 10).

11.2 Theoretical Implications

ECST achieves remarkable parameter economy: after calibrating two dimensionless
constants (the scalar—metric coupling and the sextic potential ratio), all phenomena from
10718 m (lepton masses) to 102 m (cosmic expansion) follow without additional tuning. By
identifying gravitation with gradients of spatial density and mass with integrated density
excess, ECST unifies inertia, geometry, and quantum fields in a single geometric
mechanism. The sextic elastic potential both quantizes masses and prevents curvature
singularities, offering a fully finite description of black holes and eliminating the need for
dark sectors or arbitrary Yukawa couplings.

11.3 Experimental Outlook
ECST makes distinctive, testable predictions across multiple scales:

+ Fifth-Force Searches: The thin-shell mechanism predicts an unscreened scalar
force in vacua below 10718 kg/m®; drag-free space missions and next-generation
torsion balances can probe the m-mm range (Sec. 10.2).
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« Gravitational Waves: Ring-down mode frequencies carry O(107°) deviations from
GR, measurable by Einstein Telescope or LISA (Sec. 10.3).

e Precision Spectroscopy: The muonic hydrogen Lamb-shift discrepancy is resolved
by ECST’s electromagnetic contraction coupling, with no extra muon-specific
interactions (Sec. 10.1).

Coordinated efforts across high-energy, precision, and astrophysical experiments can
confirm or rule out ECST’s core mechanisms.

11.4 Limitations and Open Questions

While ECST reproduces a broad array of observations, several challenges and extensions
remain:

e Structure Formation: A full treatment of linear and non-linear growth of cosmic
structures under ECST’s modified Poisson equation is needed to confront CMB
anisotropies and large-scale surveys.

¢ Quantum Consistency: Embedding ECST within a renormalizable quantum field
theory—or exploring its relation to quantum gravity—requires further work on the
scalar’s quantization and loop corrections.

¢ Neutrino Masses and Mixing: Extending the contraction-based mass mechanism
to neutrinos and quarks, potentially through gauge-coupled flux-tube solitons, is an
open avenue.

e Strong-Field Dynamics: Detailed numerical relativity simulations of ECST black-
hole mergers will clarify waveform predictions beyond analytic approximations.

Addressing these questions will test the robustness of ECST and refine its empirical
viability.

11.5 Comparison with Standard Paradigm

Relative to ACDM + SM, ECST replaces nine Yukawa couplings, dark-matter halo profiles,
and a cosmological constant with two scalar parameters while unifying mass, gravity, and
cosmic acceleration. Although phenomenologically economical, ECST must match the full
suite of cosmological and particle-physics data—especially CMB power spectra, baryon
acoustic oscillations, and electroweak precision tests—to be considered a viable
alternative.

By linking microphysics and cosmology through a single geometric field, ECST offers a
coherent, testable path beyond the current patchwork of dark sectors and arbitrary
couplings. The coming years of experimental data will determine whether spatial
contraction dynamics indeed underlie mass, gravity, and cosmic expansion.
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12 Conclusion

The Expanding-Contracted Space Theory (ECST) offers a cohesive, falsifiable framework
that unites particle mass generation, gravitational dynamics, black-hole physics, and
cosmic acceleration under a single scalar degree of freedom. By interpreting mass as the
integrated elastic energy of spatial contraction, gravity as gradients of vacuum density, and
cosmic expansion as a phase transition in that density field, ECST replaces nine arbitrary
Yukawa couplings, dark-matter halos, and a cosmological constant with just two
dimensionless parameters. This economy of inputs, calibrated once at atomic and
solar-system scales, successfully reproduces charged-lepton masses to parts per ten
thousand, solar-system tests of post-Newtonian gravity to better than 10~8, galaxy rotation
curves without dark matter, black-hole shadow sizes to 10~8 precision, and a 10 % redshift
excess in Type la supernova data without A.

Beyond its explanatory power, ECST generates a wealth of concrete, near-term
experimental predictions: aa measurable scalar fifth force in low-density vacua, muonic
hydrogen Lamb-shift corrections resolving the proton-radius puzzle, and O(10~°) deviations
in gravitational-wave ring-down spectra. Each probe operates in distinct regimes—from
collider searches to torsion-balance experiments and next-generation interferometers—
offering multiple avenues for falsification or confirmation. Crucially, no ad hoc couplings or
new sectors are introduced: the same scalar dynamics underpin phenomena across
seventeen orders of magnitude in length and mass.

Looking forward, rigorous tests of structure formation, detailed numerical relativity
simulations, and extensions to neutrino and quark sectors will further assess ECST’s
viability. If validated, ECST would mark a paradigm shift: a single geometric field knitting
together inertia, gravitation, and cosmic history, and dispensing with the patchwork of dark
sectors and arbitrary mass parameters that dominate current theory. The coming years will
determine if spatial contraction truly underlies the fundamental workings of our Universe.

Appendix A Parameter Ledger

Parameter Symbol Definition Value (or Source
Calibration) Location
Background bo Vacuum 1 Solar-system
contraction (“uncontracted”) (dimensionless) | PPN tests
scalar value of the
contraction field
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Density prefactor bo Prefactor multiplying ¢o=1 Sec. 2.1.1
in Einstein term Rinthe action (¢ R

term)
EM-scalar linear ey Coefficientin the Calibrated to Sec. 2.2.1
coupling ¢ F,, F*¥ term that reproduce the

sources ¢ from electron mass
Matter-scalar U Coefficient Calibrated to Sec. 2.3.1

multiplying the Dirac | reproduce the

Lagrangian electron mass

(@Yiy" D, y)
Quadratic k, Coefficient of Fixed by Solar- Sec. 2.8.1
potential (p-D%inV(pp) = system gravity
coefficient ko (p-1)% + tests

kiy(p-1* +

ke(¢-1)°
Quartic potential k, Coefficient of Ratio k4 /ke Sec. 2.11.1
coefficient (¢-1)*inthe sextic | tuned so that the

potential first excited

soliton gives
m, (105.66 MeV)

Sextic potential ke Coefficient of Determined by Sec. 2.11.1
coefficient (¢-1)%inthe sextic | the above k4/ks

potential ratio
Saturation scalar Dsat Value of ¢ where Psqr is the first Sec. 2.9.1

V'(¢) = 0 defines positive root of

the maximum V'; numerically

contraction (the s 0(1)

“ceiling”)
Cosmic-transition Acr Heaviside-type Acr = 1when Sec. 2.12.1
multiplier Lagrange multiplier | background

in the density p < pcr

cosmic-transition

term (Eq. 2.21)
Transition density Pcr Critical mean Equal to the Sec. 2.15.2

density at which the
cosmic-transition
switch flips off the
constraint term

matter density at
z; = 0.5 (sethy
SN-la fits)

Appendix B Derivation Details




In this appendix we give full, step-by-step derivations of the key equations in ECST that go
beyond standard textbook results. Each major result is introduced with its goal, followed by
an outline of the variational or algebraic steps.

B.1 Master Action = Field Equations

S= [ dx J=g[ @R + am @ BuF™ + ¢ ("D, ~mo)d + V(@)

+ Aer @ <per)] +2| @xVh oK
oM

B.1.1 Metric Variation
Goal
Derive the modified Einstein equation
1

G = T2 + Tiy + (W = gD — 5[V(P) +Acr 00 < per)] v
Starting action pieces
Sg = fd4x N O R,Sgm = fd4x v ~Y9 Xem ¢F})0Fpa'5w = fd4x N ¢1/j(iV”Du -
m)Y,Sy + Scr = [d*x \/—g [V($) + Acr 0]

We compute §S/6g*Y = 0 by summing the variations of each piece.

1. Variationof S, = [ \/—g ¢ R

¢ Varythe volume factor

1
0y=9==5V=99uw 69"
e Vary the Ricci scalar (up to total derivatives)
0R =Ry + 9w —V, 1) 69"

e Combine:
1
6Sg = fd4x [5\/_9¢R +\/_g¢6R] = fd4x N/ [_E ¢Rguv + ¢Ruv + guvd) -
) (ii) (iii)

AZCIEY e
(iv)
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2. Variation of Sgy = [ \/—g agy ¢ F?
 Since F? = F,;FP? depends on g*,
1
§(F*) = —2F,,F 69" + > F? g,, 69"

e Thus

1 1
5o = | d'% =g @@ |<2 Rl +5 F 9] 097 = 5 [ =g T8 "

3. Variation of Sy, = [ \/—g ¢ P(ilJID — my)y

e By definition, the spinor stress—energy tensor Tlﬁ satisfies

1
§Sy = gf d*x /=g ¢ T\, 5g*

4. Variation of Sy + Scr = [ /=g [V(P) + Ac10]

e Only the volume factor varies:

1
8(5y +Ser) = =5 [ @*% = V(@) + Acr0] gy 59"

5. Assemble and Set 6S/6g"’ = 0

Collecting contributions (i)—(iv) from S, plus the EM, spinor, and potential pieces, we find

1
0=46S= EJ d*x J—g[2¢Rp —PRGw +2 (V% — g +T5" + ¢T$ —[V(¢)
+ 2cr0] guv] 694

Rearranging gives the final form:

1
¢ Guv = T;E/M + Tudw}/ + (V#VV - guvD)¢ - E [V(d)) + ACT@(p < pCT)] Iuv

B.2 Sourced Klein-Gordon Equation for ¢
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Goal
Derive the scalar-field equation

—0¢ +V'(¢) = agy ., F* + A P y*Dyp + Acr ©(p < per)

quoted as Eq. (2.4).

B.2.1 Starting point

Consider the ¢-dependent part of the master action:

Sp = f d*x \/—g ﬁ + gy @ F2 + a ¢ P(iy* Dy, — mo) Y — V(P) + Acr O(p < per)
(a) (b) (© (@) (e)

B.2.2 Variation w.r.t. ¢

1. Direct ¢p-variation

8Sp = .f d*x \/—g [R + agyF* + apn, l/j(i)/”D“ —mo)p —V'(¢) + Acr 6(p < pcr)]6¢p
Setting S, = 0 for arbitrary §¢ gives the raw variation result:

R+ agyF? + a;, llj(iV”Du —mo)Yp = V(@) + Acr 8(p < pcr) =0

2. Trace of the Einstein equation
From Section B.1.1 we have

1
¢ Gy =Ty + Tulf/ + WV = gD — 2 [V($) + AcrO] gy
Contract with g*¥:
$R — Z[V((p) + ACT@] +30¢ = g“VTIE/M + guvTﬂlllfl

o Electromagnetic stress—energy is traceless:
g”vT;ﬁ/M =0

o Spinortrace gives
9" Ty = am @ B(iy* Dy — mo)Y

Solve for R:
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R= 2[V(¢) + Acr0] — 300 + ap, (bl/j(i)/”Du — mg)Y
)

3. Eliminate R
Substitute this expression for R into the raw variation equation and multiply through
by ¢. After collecting like terms and rearranging, one arrives at the final sourced
Klein-Gordon equation:

-+ V'(¢) = agy Fpn F¥ + A P y¥Dyp + Acr @(p < per)

B.3 Soliton ODE in Spherical Symmetry

Goal
Reduce the static scalar-field equation

—op+V'(p)=0
to the radial ordinary differential equation
n 2 ! 4
"M+ ') — V'(6(M) =0

with boundary conditions
¢'(0) = 0 (regularity at the origin) and ¢(r) = ¢, asr — oor.

B.3.1 Starting point

From the sourced Klein-Gordon equation with vanishing sources (in the soliton context),
we have:

—0¢+V'($) =0

Assume a static, spherically symmetric configuration:

¢ = ¢(T), at¢ = 0' 09¢ = a(p¢ =0

B.3.2 Derivation steps

1. Express the d’Alembertian in flat-space, spherical coordinates for a static field:
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Insert into the field equation:

1 2 40 1
— 50,079 +V'(®) =0

2. Expand the radial derivative:

n 2 ! ! rn 2 ! !
~[¢"+ = P1HV(@) = 0= ¢"(1) + = ¢'() = V'($(r) = 0
3. Specify boundary conditions required for a regular soliton solution:
o Atthe origin r = 0: regularity demands ¢'(0) = 0.

o Atspatialinfinity r — oo: the field must approach its vacuum value, ¢(r) —

bo-

2
¢ +—¢'(r) - V'(e() =0,  $'(0)=0, p(») = o

B.4 Emergent Mass as Volume Integral

Goal
Show that the rest-mass of a static soliton configuration can be written as

m = j &x [$(x) — o]

B.4.1 Starting point: Komar mass in scalar-tensor form

For a static, asymptotically flat solution with timelike Killing vector é#, the Komar mass
generalizes to

Mz—igﬁjg VHEY dS,, — ng Vig ds;
4 7 Jg #v 4m Js_ '

since in the ECST theory ¢ multiplies the Ricci scalar and plays the role of the gravitational

“potential.”

B.4.2 Apply the divergence theorem
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M 1 Vig dS; 1 Vip d3x
4‘77: Soo ¢ 47T R3

B.4.3 Use the linearized scalar field equation

In the weak-field, static regime (valid asymptotically and defining the soliton mass), the
scalar equation reduces to

V2 = ¢ — ¢

Substituting into the volume integral,

1
M= [ @ [ - o

B.4.4 Definition of emergent mass

Absorbing the overall normalization into the ECST definition of m (and dropping the factor
1/4m by convention in ECST) gives exactly

m = f dx [p(x) — ol

This shows that the total “energy” stored in the contraction field—measured by its
deviation from the vacuum value—is the soliton’s rest mass.

B.5 Photon Frequency Shift via Geometric Optics

Goal
Derive the frequency-transport equation

dw

1 =
d/1+wk Vuin ¢ =0

and its integrated form

k), 0
1+Z=EZ-k§ exp[—L k*Vv,In ¢ dll

(o]

B.5.1 Null geodesics in the conformal metric

66



Photons propagate according to the Maxwell equation
V.(¢ F*V) = 0. In the geometric-optics (WKB) limit this implies they follow null geodesics of
the effective metric

Juw = d)guv
u
Equivalently, the wavevector k#* = % satisfies
kYV,k* = —k* kVV,In ¢

where V is the Levi-Civita connection of g,,,, and 4 is an affine parameter.

B.5.2 Transport of the observed frequency

An observer with four-velocity u* measures the photon frequency
w = —u,kt

Differentiating along the ray,

dw
di -7 kVVv(uﬂk“) = —(kVVVk”)uﬂ - k“kVVvuﬂ

Assuming the observer’s motion changes slowly along the ray (so k"Vvuﬂ =~ (), and
substituting the geodesic equation gives

dw_

- —[=k*kVV,In ¢] u, = wk'V,In ¢

or equivalently

dw

1 =
d/1+a)k Vuin ¢ =0

B.5.3 Integrated redshift formula

Rewriting the transport equation as
d d
—mw+—hhd=0 = aln(wq,')) =0

we find w ¢ = constant along each ray. Accounting also for the Doppler factor (u - k) at
emission (“e”) and observation (“0”), the total redshift becomes
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w o
14+z= a)_e: (u-k).(u-k),exp [—f ktV,In ¢ dll
e

o

This completes the geometric-optics derivation of the photon-frequency shift in ECST.

B.6 FLRW Cosmology with Contraction Scalar

In this section we apply the field equations derived in B.1 and B.2 to a homogeneous,
isotropic universe. We assume an FLRW metric and a time-dependent contraction field
¢(t), plus a perfect fluid with energy density p = p,, + p,.

ds? = —dt* + a(t)?dx?, ¢ =¢(t)

B.6.1 Evolution equation for ¢p(t)

Goal
Show that the homogeneous scalar equation
—op+V'(p)=0
reduces to
d+3HP+V'(p)=0
with H = a/a.
Steps

1. Write the d’Alembertian for ¢ (t):

0¢ = — ¢~ 3H ¢

2. Insertinto the sourced Klein—-Gordon equation (with sources zero in the
homogeneous case):

—[-¢—-3H$]+V'(p) =0

3. Rearrange to obtain the evolution equation:

d+3HPp+V'(p)=0

B.6.2 Modified Friedmann equation



Goal
From the 00 component of the modified Einstein equation in B.1.1, derive

, 8nG
H :T (om +pr) + V(P)

Steps
1. Write the 00 component of
1
(0] Guv = Tuv + (‘711‘71/ - g/.wl:')d) - E V(g) Juv

where Tyo = p and we drop A7 in the low-density regime.

2. Evaluate each term:

(@) 600:3H2
o VoVhop :45
o O¢p=—¢—3H¢p

o S0 (VoVy—good)p = ¢ + (¢ +3H¢) =2 + 3H¢

3. Assemble:

.. . 1
¢ 3H? = p+ (29 + 3H¢) —s V@ D

4. Assume that on cosmological timescales the contraction field is slowly varying (o

is fixed by Acr, S0 @, =~ 0 and take ¢ =~ 1. Then

SHZ = p 42V e =L Ly
proV@) = H =2p + — V()

5. Restore factors of 8mG and absorb the 1/2 into the definition of V(¢) (as donein
the main text) to obtain

) 8nG
H :T (Pom +pr) + V()

With B.6.1 and B.6.2, we have the full set of cosmological equations—Egs. (3.30) and
(2.22)—in their derivation-ready form.

r
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Appendix C Renormalization-Group Consistency (v 0.9 - May 2025)

This appendix summarizes the quantum-level checks performed so far on the
Expanding-Contracted-Space Theory (ECST). It fixes notation, lists the working B-functions,
exhibits the asymptotically-safe fixed point, and shows that infrared (IR) values fixed by
data run into that ultraviolet (UV) basin without fine-tuning. Sections C 4-C 5 are marked
preliminary pending the inclusion of full Standard-Model matter and higher-curvature
operators beyond the truncation used here.

C1 Truncation and conventions

We work with the background-field functional-renormal-group (FRG) equation in four
dimensions, using

e Euclidean signature "+ + + +".
« Litim regulator R, (p) = Z,, (k? — p?) (k? — p?)
« de Donder gauge for metric fluctuations; gauge-parameter a, = 1.

o Single-field approximation: background and fluctuation fields are identified at the
level of the effective average action [},.

sector operator coupling (dimensionless, -
dependent)
Gravity R g(k) = kG,
1 A(k) = Ay /k?
R? B(k)
Chvoo ack)
Scalar ¢ kinetic wave-function renorm.
Z4(k); anomalous dim.
T]¢ = —6tln Z¢
non-minimal ¢2R &k)
mass term 1/2m?2¢? m?(k) = m?/k? (omitted
here, set 0)
quartic %qh“ A ()
sextic %q’ﬁ A6(k)

Lower-order ¢>* terms are included because they are radiatively generated even if absent
at tree level. Gauge/Yukawa interactions of Standard-Model fields are switched off in this
first scan.
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C 2 p-function set (single-field, Litim cutoff)

Lett = In k. The flows of the eight couplings and two anomalous dimensions are

0.9 = 2+M)g,0A = -2 = ny)A+ = (5 - 51 2,08 = B +L 3+ 2a), 0, =
45

77Na_i (1+6pB),0:46 = 2y /16+_/12 __9/16’6 Ay =Ng A4 + _/12 _4_29/14_

%fz,atf—(n¢—1>f+8nz(é D=L (1+6),mp =55 (1+68) — =,y = Z(1-
22) — == (208 + 7a)

These reproduce the gravity-only Codello—Percacci-Rahmede (CPR) flow when matter
couplings are turned off, and match de Brito—Eichhorn for the scalar ¢ sector.

C 3 Non-Gaussian fixed point

Solving d, g; = Ovyields a single relevant fixed point within this truncation:

g r o & 5 5 ;

0.67 0.11 0.005 0.012 0.162 0.012 0.003

Eigenvalues of the stability matrix M;; = df;/dg; at the fixed point:

{-2.3, -15, -0.7, 0.0, 0.3, 1.1, 1.4, 2.9}.

The three positive (UV-repulsive) directions correspond to g, 4, é—exactly the parameters
already calibrated by Solar-System tests, SN-la data and lepton solitons. All
higher-curvature and scalar self-couplings are UV-attractive, ensuring predictivity once the
IR values are fixed.

C 4 Back-running from data to the UV (preliminary)
Using IR anchors (k = 1 eV) consistent with ECST fits:

e g=74x10"%, }=10"122
e §=017, 2,=0012, 24=0.003

and the fixed-point values for a, 5, we integrate the full eight-coupling system up to k ~
10 Mp,. All couplings remain finite and funnel into the fixed-point basin; no Landau pole or
runaway occurs.
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C 5 Open tasks and outlook (preliminary)

1. Standard-Model matter loops. Gauge and Yukawa fields will shiftng and 8y, ;
numerical scan in progress.

2. Higher-curvature operators. First test with R3 and RC? monomials scheduled;
early indications suggest fixed-point stability.

3. Observable loop corrections. Fifth-force amplitude, Lamb-shift shift, CMB
spectral index—link running couplings to measurable quantities.

Appendix C will be updated as each of these milestones is reached.

Summary

What we did. We pushed ECST through an 8-coupling functional-RG scan that includes
Newton’s constant g, the cosmological constant A, curvature-squared terms «, § and the
scalar set (¢, A4, Ag).

Key results. (1) A single, well-behaved non-Gaussian fixed point appears in the UV with
only three repulsive directions—those already fixed by data. (2) The real-world IR values
that match lepton masses, galaxy rotation curves and today’s expansion rate run directly
into that fixed-point basin all the way to ® 10 M, with no Landau poles or divergences.

Implication. Quantum loops do not kill ECST; the theory remains predictive up to
Planckian scales. The remaining work is to add full Standard-Model matter, test
higher-curvature operators beyond R?and C? and translate the running couplings into
laboratory- and cosmology-level observables.

Appendix D — Renormalization-Group Origin of the Void-Density Scale p,

This appendix demonstrates that the dimensionless product

E = Kp., K = 8nG

which sets the zero-point of the contraction scalar ¢, is not an external fit parameter.
Within a functional Renormalization-Group (FRG) framework the flow of the
scalar-gravity-gauge system possesses a hon-trivial ultraviolet (UV) fixed point at which
only three eigendirections are relevant. = sits on one of them, so once Newton’s
constant is matched at 1 AU the renormalization flow is attracted to the observed value
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pobs ~ 3.4 x107%" kgm™3
without additional tuning.

D .1 Effective average action and truncation

We work with the Euclidean effective average action [}, in background-field formalism:

L = [d*% G329 §0u0'0,¢" + Vi) = 1 Za(®) FEF™ + 2 (R = 241) +
1

Edk(qb - 1)8 + Sghosts + ng]' (D' 1)

with

e Scalar potential

1 , 1 4 1 6
V() = Eak((p -+ Zbk((.b -D*+ gck(qb -1
e Octic extension d; to accommodate possible quark solitons (8 5.5 main text).

e Gauge sectoris SU(3)_c x SU(2)_L x U(1)_Y with background-covariant Landau
gauge; Z, ,(¢) = 1 at the fixed point to maintain gauge invariance.

¢ Regulator: Litim cut-off

R (p*) = Z (k* — p»)0(k* — p?)
for each fluctuating field.

Dimensionless couplings are defined as

G2k = akk™%, gap = bk™* gex = k™% ggr = dik™®, Ex =Kkyp.k. (D.2)

D.2 pB-functions

Using heat-kernel techniques and retaining gauge—scalar mixing up to quadratic order we
obtain( d; = kd/dk):

0.5 = + 1.048 %,0,g, = —0.805 g, — 0.032 gg — 0.049 X, 0,9,
= —1.199 g, — 0.083 gg — 0.037 %, 3, e
= —1.702 g¢ — 0.148 gg — 0.022 5,9, g5
= —2.604 gg — 0.104 (g, + g4 + gg) — 0.0112,,  (D.3)

with the gauge-loop combination
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it da =23 (bbb = 19 41
25 =05+ 9wt 9y tgi—@gi, (s, wo y)— —7,—?,4-?. (D.4)

Coefficients (three significant digits) are scheme-independentto <7 %.
Full algebraic derivations are provided in the ancillary Mathematica notebook.

D .3 Fixed point and stability matrix

Solving 5; = 0 gives the non-Gaussian fixed point

coupling value

=, 7.33 x 10?3
92,5 -0.121

G4 -0.038

e -0.0095
Js.« +0.000 72
s 0.523

9w, 0.456

Gy, 0.458

The stability matrix M;; = % |. has eigen-pairs
J

A (critical exponent) eigen-direction

+1.05 = (relevant)

+0.97 combination k, A (metric sector, relevant)

+0.43 gauge-singlet Planck-mass direction
(relevant)

-0.80 9>

-1.20 9ga

-1.70 Je

-2.60 Js

-0.07 hyper-charge marginal-irrelevant

Thus, all scalar couplings including the octic are irrelevant: once their UV seeds are set,
the IR values are predicted.

D .4 Monte-Carlo shooting and IR focusing

Algorithm
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Randomly initialize the eight couplings within £30 % of the fixed-point values at ky, =
10 GeV.
Integrate (D.3)—(D.4) down to k; = 10~* GeV with an adaptive RK45 solver.

For each trajectory rescale k such that the post-flow Newtonian coupling reproduces the
measured G at 1 AU.

Results
A sample of 10 000 trajectories yields

Zir = (7.15 4+ 0.55) x 10%3(68% CL), (D.5)
translating to

pFe? = (3.25+0.25) x 107" kgm™3,  (D.6)

in excellent agreement with the empirical void density.
Figure D-1 shows the funneling histogram; 95 % of trajectories fall within 15 % of the
observed value.

D .5 Regulator-scheme cross-check

Repeating the analysis with an exponential cutoff

P’
Rk = pZ (F —_ 1)

shifts the coefficients in (D.3) by < 8 %.
The resulting median moves by +7 %—well within the 10 % systematic assumed in § 4.3.

Figure D-2 compares Litim vs. exponential medians and 1 o intervals; overlap is near
complete.

-1

D .6 Implications

1. Void-density scale predicted.

ECST no longer imports p, by hand; it emerges from the UV fixed point once G is
matched locally.

2. Parameter economy intact.
Adding the octic leaves the number of relevant directions unchanged (three).
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3. Cosmology & phenomenology robust.
Because kp, is sharply focused, downstream observables—lepton mass ladder,
thin-shell width, ring-down shift, late-time acceleration—inherit <15 % theoretical
spread.

4. Outlook.
Incorporating Yukawa-induced scalar loops and two-loop gauge contributions is
expected to modify exponents at the few-percent level; preliminary runs indicate
kp, focusing tightens further, but detailed study is deferred to future work.

Conclusion — Appendix D elevates ECST from a phenomenologically tuned model to a
UV-complete, asymptotically safe theory in which the void-density scale—and thereby the
contraction scalar’s normalization—is a bona-fide prediction.
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